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CHUYEN PE KHAO SAT HAM SO

Coul  Choham s& y:x—f (1) ,¢6 dd thi 1a (C)
o

1. Khdo sat ham so (1).

2. Viét phuong trinh ti€p tuyén cda (C),biét ti€p tuyén di qua diém P(3;1).

3. M(x,,y,)]a mot di€m bat ky thudc (C) .Ti€p tuyén clia (C) tai M cit tiém
can ditng va dudng tiém cAn ngang ctia(C) theo thit tu tai A v B .Goi I 1 giao di€m ctla
hai dudng tiém cin ctia (C) .Chitng minh ring dién tich tam gidc IAB khong phu thudc
vao vi tri ctia diém M.

COu2: (2diém)  Choham'sd: y=* +f
1) Khdo sit su bi€n thién va vé dd thi (C) cda ham sd.
2) Cho di€m A(0;a). X4c dinh a d€ tir A ké dugc 2 ti€p tuyén dén (C) sao cho hai
ti€p di€m tuong ¥ng nim vé hai phia ddi véi truc Ox.

C©u 3: (2 di€m)

2x* +x+1
x+1
2) Goi M (C) ¢6 hoanh do x,, =m . Chitng t4 ring tich cdc khodng cdch tit M

dén hai dudng tiém can clia(C) khong phu thudc vio m

1) Kh3o sit sy bién thién va vé dd thi(C) clia hAm sdy =

2x* +mx =2

COu 4: (2 diém) Cho ham s6: y = v6im 12 tham so.

x—1
1) X4c dinh m d€ tam gidc tao bdi 2 truc toa d6 va dudng tiém cin xién ctia ham s6
trén c6 dién tich bing 4.
2) Kh3o st va vé dd thi ham sd trén khi m= -3.
COu 5: (2 diém) Cho ham s6:y =x* —(m* +10)x” +9
1.Khdo sit sy bié€n thién va vé d6 thi clia ham sd tng véi m=0
2.Chitng minh riing v6i moi m = 0,dd thi cda ham s6 ludn cit truc hoanh tai 4 di€m phan
biét .Chitng minh riing trong sd cdc giao di€m d6 c6 hai diém nim trong khodng (-3,3)
v ¢6 hai diém nim ngoai khodng (-3,3)
COu 6: (2 diém) Choham s6 y= f(x)=x’ —(m+3)x* +3x+4 (m 12 tham s0)
1.Tim m dé€ dd thi ham s6 c6 diém cuc dai va di€m cuc tiéu.Khi d6 viét phuong
trinh dudng thing di qua 2 di€m cuc tri nay
2.Tim m d€ f(x)>3x v6imoi x>1
Coui 7:(2diém)  Chohamsg - —6¥+9 ~Sx4?
a) Khio st su bi€n thién va vé dd thi cia ham sd.
b) Tim tit ci cdc diém M trén truc tung sao cho tir M ké dugc
ti€p tuy€n vdi do thi,song song v6i dudng thing , - _%x
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COu8: (2di€m) Chohamsd y=2x"-32m+1)x*+6m(m+1)x+1 (1)
a) Khdo sat ham so (1) khi m=1
b) Chitng minh ring, Vm ham s6(1) ludn dat cuc tri tai x,,x, v6i x, —x, khong phu thudc
m
COu9: (2 di€m)
a) Khdo saithamso: y=x" —5x+4
b) Cho 2 parabol: y=x"—5x+6 va y=-x>-5x-11
Viét phuong trinh ti€p tuyén chung clia 2 parabol trén
Bpi 10: (2 diém)
a. Khdo sat,vé d6 thi (C) cda ham s y =x" +3x°
b. Tim tit cd cdc di€m trén truc hoanh ma tir d6 vé dugc ding ba ti€p tuyén cia do
thi (C) ,trong d6 c6 hai ti€p tuyén vudng géc nhau.
COu 11: (2 di€m) Cho ham s& y =3x" —4(1+m)x’ +6mx* +1—m c6 d6 thi(C,).
1. Khio sat ham sd trén khi m= -1
2. Tim gi4 tri Am cla tham s6 m d€ do thi va dudng thing(A): y =1 c6 ba giao
di€m phan biét.
Cau 12: (2 diém)
Cho ham s0: y=x* +3x> +(m+2)x+2m (C,)

1. Khdo sit su bién thién va vé dd thi(C;) ciia ham s6 khi m=1
Cau 13: (2 di€m) Cho ham s6 y=x" +mx* +7x+3 (1)
1. Khdo sat va vé& d6 thi ctia ham s6 (1) véi m=5
2. Tim m d&€ ham s& (1) c6 cuc dai va cuc ti€u. LAp phudng trinh dudng thing qua
di€m cuc dai va cuc tiéu dé.
COu 14: (2 di€m) Cho ham s§  y=x*-2x
la. Khio sat sy bi€n thién va vé dd thi (C) ciia ham so
1b. Dya vao db thi (C) ,hdy bién luan theo tham s& m s6 nghiém clia phudng trinh :
xt=2x"-m=0
COu 15: (2 di€m)
a. Khdo sdt ham s6 (C) c¢6 phuong trinh: y = %
X +4x+8

b. Tir @b thi ham s6 (C) suy ra d6 thi clia hAm s6 : y = >
X+

x> +4x+m* +8

c. xét dd thi ho (C,,) cho bsi phuong trinh  y = — . X4c dinh tap
hdp nhitng di€m ma khong c6 dd thi nao trong ho (Cy,) di qua.
CQu 16:
1. khdo sat sy bi€n thién va vé dd thi(C) ham so: y=-(x+ 1)2(x+4).
2. Duing db thi (C) d€ bién luan theo s6 nghiém cda phuong trinh :  (x + 1(x+4) =
(m+1)*(m+4)
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COu 17: (3 di€m) Cho hamsd y = (x—1)(x* + mx+m) (1), v6i m 1a tham s& thuc
1.Khéo sat ham s6 (1) (ing véi m= -2
2.Tim cic gid tri cia m d€ dd thi ctia ham s6 (1) ti€p xtic vdi truc hoanh .Xdc dinh toa
do cia ti€p di€m tuong ¥ng trong mdi trudng hop clia m.
COu 18: (3 di€m) Cho ham s& y = x—+i (1) ,c6 db thi 1a (C)
.

1. Khdo sat ham so (1).

2. Viét phuong trinh ti€p tuyé&n cla (C),biét ti€p tuyén di qua di€m P(3;1).

3. M(x,,,)]a mot di€m bat ky thudc (C) .Ti€p tuyén cta (C) tai M cit tiém cin ding va
dudng tiém cin ngang ctia(C) theo thi tu tai A vd B .Goi I 1a giao di€m ciia hai dudng
tiém cin cla (C) .Ching minh ring dién tich tam gidc IAB khong phu thudc vao vi tri
cia diém M.
COu 19: (2 diém) Cho han s6 y=f(x) = %)f —2(m+1Dx (m1a tham s3 )

a. Kh3o sdat hAm s6 khi m= 1
b. Tim tit c4 gid tri m sao cho ham s6 ¢6 cuc dai ,cuc tiéu va tung d§ di€m cuc daiy,,,

2
tung d6 di€m cuc tiéu Ve thda: Ow —ycr)z 25(4’”"‘4)3

COu 20: ( 2 diém)

2 2 N ~ l . N A . 2 N ~
1. Khaosithamsd y = x+—l .Go1 (C) 1a do thi cua ham so.

2. Viét phudng trinh céc ti€p tuyén véi (C) ké tir di€m A=(0;3)
CAU21: (4 diém) Chohamsd y=f(x)=x" +2x" +x+2
a. Khdo sat su bi€n thién va vé do thi(C) cda ham sd trén.
b. Bién luan theo k s6 giao diém ctia dd thi (C) va dudng thﬁng (Dy) : y=kx+2
c. Tinh dién tich hinh phﬁng gidi han bdi @b thi (C) ,truc hoanh va dudng thrflng(Dz) (y =
-x+1

2 —
CAU22:(2di€m) _ Cho ham s§y="—>**2

X
1. Kho sit sy bi€n thién va v& d6 thi(C) cta ham so.
2. Tim trén dudng thing x=1 nhitng di€ém M sao cho tir M ké dugc hai ti€p tuyén dén
(C) va hai ti€p tuyé&n d6 vudng géc v6i nhau.

2 —
CAU23:(2di€m) _ Chohamssy =X —>1*2

X
1.Khdo sit su bi€n thién va vé do thi( C) ciia ham s0.
2.Tim trén dudng thing x=1 nhitng di€ém M sao cho tir M ké dudc hai ti€p tuyén dén
(C) va hai ti€p tuyé&n d6 vudng géc v6i nhau.
CALU 24:(3 uieom)
Cho ham s§ y=x"-2x"+2-m (c6 dd thila (C,)), mla tham s&

1. Kh3o sdt va vé dd thi ctia ham s& khi m=0
2. Tim céc gi4 tri cia m sao cho dd thi (C,) chi ¢6 hai diém chung véi truc Ox
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3. Chiing minh ring véi moi gia tri ciia m tam gidc c6 3 dinh 14 ba diém cuc tri clia
dd thi (C,) 1a mot tam gidc vudng cin

CALIU 25

1. Khdosathamso : y=x*-5x" +4

2. Hay tim tit c4 cdc gid tri a sao cho d6 thi hAm s& y = x* —5x° +4ti€p xiic vdi db
thi ham s6 y = x* +a Khi d6 hdy tim toa d6 cda tdt ci cic ti€p di€m
CAU26:  Choham s8 y=x'—2m+1)x*+(m* —3m+2)x +4

1.Khdo sat hAm sd khi m=1

2. Trong trudng hdp téng quit ,hiy xdc dinh ti't cd cdc tham s6 m d€ dd thi cda ham
s6 da cho c6 di€m cuc dai va cuc tiéu § vé hai phia clia truc tung

CAU 27:
2 —
1. Kh3o sdt ham so: y =Lx1+6 (1).
x_
N A . 2 N ~ ~ A », ~ N ~ A . 2 N ~ xz _3x+6 N
2. Twr do thi cua ham s6 (1) , hdy n€u cdch v€ va vé do thi cua ham s6: y=—3.TU
x_

géc toa do c6 thé vé dugce bao nhiéu ti€p tuyén cia ham s6 (1) ? Tim toa do céc tiép
di€m (néu cé).

CAU 28: Cho ham S(A)’:y:%x3—x+m (1) ,m 12 tham s&

1. Khdo sit ham s& (1) khi m :%

2. Tim cédc gid tri ciia tham s6 m dé db thi ham s& (1) cit truc hoanh tai ba diém phan
biét.
2

X +x
C
x—2()

CAU29: Chohamsd:y=

1. Khdo sat ham so (C)

2. Pudng thing(A) di qua di€m B(0,b) va song song vdi ti€p tuyén cia (C) tai
di€m 0(0,0) .X4c dinh b d€ dudng thing (A) cit (C) tai hai di€ém phan biét M,N. Chitng
minh trung di€m I cdia MN nim trén mot dudng thing cd dinh khi b thay ddi.

CAU 30: Cho ham s : y =% _(m Ia tham 8 )

1. Kh3o sdt sy bi€n thién va vé d6 thi ciia ham s v6i m=1

2. Tim gid tri cda m d€ dudng thing ham s6 c6 di€m cuc dai ,di€m cuc ti€u va
khodng cach tir hai diém d6 dén dudng thing x+y+2=0 bing nhau
Cau 31: Chohamsd : y=x’—6x"+9x

1.Kh3o sit sy bi€n thién va vé dd thi cia ham s&
2.a) Tir dd thi cia ham s& da cho hiy suy ra db thi ctia ham s& :
y= |)c|3 —6x7 + 9|x|

b) Bién luan theo m s6 nghiém ctia phudng trinh:

|x|3 —6x7 +9|x|—3—m =0
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xP—x+1

Cau 32 :( 2,5 di€m) 1.Cho ham s§ y=

x—1

a. Kh3o sat ham so da cho.

b. Xdc dinh di€m A(x,;y,) (vSix, >1 ) thudc do thi clia ham s trén sao cho khodng
cach tir A dén giao di€m cida 2 tiém cin cda dd thi 1a nhd nhat.
x+3

Vx*+1

2. Tim tAp gid tri cla hAm s6 y = va cdc tiém cn cla d6 thi cda him s6 d6
Cau 33:
s . T > X 4+2x-2
1. Khao sat sy bién thién va vé do thi cua ham s y -
x —
2. Tim di€m M trén d6 thi clia ham sd sao cho khodng cdch tir M d€n giao di€m
cda hai dudng tiém can 1a nhd nhat.
2
A ~ A + _1
Cau 34: Cho ham s6 : y X T mjlc
x —
Tim céc gid tri cda m d€ tiém cAn xién clia d6 thi clia ham sd di cho cit truc toa
dd tai hai di€m A va B sao cho dién tich tam gidc OAB bing 18.
Cau3ds: Cho ham s6 y=-x"+3(m+1)x*-32m+1)x+4 ( m 12 tham sd )
1. Khdo sit sy bién thién va v& dd thi ham s6 véi m=1
2. Tim gid tri cda m d€ do thi ham s6 c6 di€m cuc dai ,di€m cyc ti€u va hai diém
dé doi xing qua di€ém 1(0,4)

Chu 36: Cho ham s§ y = 2%+ @=mx
mx+2
1. Tim m d€ ham s& c6 cuc dai, cuc tiéu.
2. Khdo sat ham s& khi m=1 (C).
3. Chiing minh ring tai moi di€m cda dd thi (C) ti€p tuyé&n ludn ludn cit hai tiém
cAn mdt tam gidc c6 dién tich khong ddi.
Cau 37:
1. Cho ham s& y=x"—-3(a—1)x" +3a(a—2)x+1 trong d6 a 12 tham s& .
a. Khdo st sy bién thién va vé dd thi cda ham s6 khi a=0
b. Véi cdc gid tri ndo clia a thi hAm s6 dong bié€n trén tAp hgp cic gia tri clia x sao
cho:1<|x]<2
2. Tim t4t c3 cdc gia tri cia tham s6 m d€ db thi ham s§ y = x —3x+%+3 c6 ba di€m
cuc tri .Khi @6 chitng minh riing c4 3 di€m cyc tri ndy déu nim trén dudng
cong: y =3(x—1)’
Cau 38:

1. Hay vé& d6 thi ham s6 : y =—x? + x++/(x* +1)* —4x’

~ A P . R 2 P N g ~ 2 A . N ~ +1
2.Tim toa dd cac giao di€m cua cidc dudng ti€p tuyén cua do thi ham sd6 y = al 3
x_

vii

truc hoanh ,bi€t ring cic ti€p tuyén dé vudng géc vdi dudng thing y=x+2001.
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2 _ 32
(m+1D)x"—2mx—(m’ —m” +2) (

Cau 39: Chohamsd :y= ') trong d6 m 1a tham s0.

X—m

1. Kh3o sdt ham s6 da cho véi m= 0

2. X4c dinh t4t ca cdc gid tri clia m sao cho ham s6 (C,) ludn ludn nghich bi€n trén
cac khoang xdc dinh cia né.
Cau 40:

2

1. Khdo sdtham so : y =%x2_5 (C)

2. Chitng minh riing tich cdc khodng c4ch tirt mot di€ém M bat ky trén d6 thi (C) dén
céc tiém can 12 mot hiing s6 khong phu thudc vi tri di€m M.

3. Tim trén mdi nhanh cta d thi (C) mét di€m sao cho khodng cach giita ching nhd
nhat.
Caud4l:

Choham sd y=x"-3x"-m’x+m

1. Kh3o sat ( xét sy bién thién . vé& do thi ) hAm s& ng v6i m= 0.

2. Tim tit c& gid tri cia tham s6 m d€ ham s& ¢6 cuc dai, cuc tiéu va cic diém cuc

. - R i A . N ~ Ao 2, Zy* N 2 l 5
dai, cyc ti€u cua do thi ham s6 doi xirng v8i nhau qua dudng thang y =25

CAU42: Cho ham sd : y=x"-3x (1)

1. Khdo sat ham s (1)

2. Chitng minh ring khi m thay d8i ,dudng thing cho b&i phuong trinh
y=m(x+1)+2 ludn cit d thi (1) tai mot di€m A cd dinh.

Hiy x4c dinh cédc gia tri cda m d€ dudng thing cit d6 thi ham so (1) tai 3 di€m
A,B,C khéc nhau sao cho ti€p tuyé&n véi dd thi tai B vaC vudng géc v6i nhau.

Cau 43:
. . 2 2 2
Cho ham s8 : y _ X Aexam
x+2

1. Tim gi4 tri clia m sao cho|y| =2 v6i moi x = -2

2. Khio sdt him s6 véi m=1
Caud4:
x> —8x
8(x+m)
1. Khio sit sy bi€n thién va v& d6 thi cta ham s (1) véi m=1.
2. Tim tAt ca cdc gid tri cda tham s6 m sao cho ham s6 (1) dong bién trén [1,+wo)
Cau 45:
1. Khdo sdtham s6 : y = (x+1)*(x—-2)
2. Cho duong thing A di qua diém M(2,0) va c6 hé s6 géc 1a k . Hiy xdc dinh tit cd cdc
gi4 tri clia k d€ dudng thing Acit dd thi ham s sau tai bon di€m phan biét :
y=|)c|3 —3|x|—2
Cau 46:

Chohamsé :y= (1) ,trong d6 m 12 tham s0 .
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3x+1
3 (1)

2. Tim mot haim s6 ma dd thi cia né d6i xitng vdi dd thi ham sd (1) qua dudng thing
x+y-3=0.

3. Cla diém bAt ky trén d6 thi ham s6 (1) .ti€p tuyén vdi dd thi ham s& (1) tai C cit
tiém cin ditng va ngang tai A va B .Chifng minh riing C 13 trung di€m ctia AB va tam
gidc tao bdi ti€p tuyé&n d6 vé6i hai tiém can c6 dién tich khong doi.

CAU47: Cho ham s6 : y=x*—4x* +m (C).
1. Khdo satham sd véim =3

2. Gid st @6 thi cit truc hoanh tai 4 di€m phan biét .Hiy x4c dinh m sao cho hinh
phing gidi han bdi dd thi (¢) va truc hoanh c6 dién tich phan phia trén va phin phia dudi
truc hoanh bing nhau .

1. Khdo sat va vé d6 thi hAm s6 :y =

Caud8:  Choham s6:y=%x3—mx2—x+m+l

1. Kh3o sat sy bi€n thién va vé& dd thi cia ham s& ttng v6i m=0 .

2. Trong tAt cd cdc ti€p tuy€n vGi do thi clia ham s6 da khdo sdt, hiy tim ti€p tuyé&n
c6 hé sd géc nhd nhat .

3. Chitng minh riing v6i moi m , ham s& di cho ludn ludn c6 cuc dai va cuc ti€u
Hiy x4c dinh m sao cho khodng cdch giita cdc diém cuc dai va cuc ti€u 12 nhd nhat
Cau 49: Choham s6 :y=x"—6x"+9x

1. Khdo sit sy bi€n thién va vé d6 thi ham so.
2. a. Tir d thi clia ham s& da cho hdy suy ra d6 thi cia ham s6 y =[x’ —6x? +9|x|
b. Bién luan theo m s& nghiém ctia phuong trinh :|x| —6x* +9|x|~3-m =0
Caus0: Cho haim s6 : y=(m+2)x’ +3x> +mx—5 (m 12 tham s& )
1. Vi gid tri ndo cia m thi ham s& c6 cuc dai va cuc ti€u.
2. Khéo sat ham s6 (C) ¢ng v6i m=0 .
3. Chitng minh riing tir di€m A(1;-4) c6 3 ti€p tuyén vdi dd thi (C).
Cau 51:
1. Cho ham s6 : y =x’ —3(a—1)x* +3a(a—2)x+1 trong d6 a 1a tham s6 .
a.Khdo sit sy bi€n thién va vé dd thi cia ham s khi a= 0.
b.Véi cdc gid tri nao clia a thi ham s6 dong bién trén tip hgp cdc gid tri cla x
sao cho :1<|x|<2

~ ~ » .z . ~ g A . N ~ m z
2. Tim tat c& cédc gid tri cda tham s6 m d€ do6 thi ham s6 : y =x*-3x+—+3 ¢4 ba
X

di€m cyc tri .Khi 6 chitng minh riing c4 ba diém cuc tri ndy déu nim trén dudng
cong: y =3(x-1)’

2 R
Caus2: Cho ham s :y=Lx1

x—1

1. Kh3o sit sy bién thién va v& dd thi ham s& .Goi do thi d6 1a (C)

2. Chitng minh ring tich cdc khodng cdch tir mot diém bat ky trén (C) t61 hai
tiém cin cla né 12 mot sd khong ddi .
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Cau 53: Chohamso : y=2x"+3x"-12x-1 (1)
1. Khio sathamso (1) .
2. Tim di€m M thudc db thi (C) ctia ham s6 (1 ) sao cho ti€p tuyén clia (C) tai hai
di€m di qua gdc toa do .
x>+ (m=2)x+m+1
x+1
1. Khao sat va vé do thi ham s6 khim=2.
2. Tim m &€ trén d6 thi c¢6 hai di€m phan biét A,B sao cho :
5x,-y,+3=0, ; 5x; -y, +3=0
Tim m d€ hai di€m A,B d6 d6i xitng v6i nhau qua dudng thing (d) ¢6 phuong trinh:
Xx+5y+9=0.
Cau 55: Chohams6 :y=x"-2x"+x
1. Khdo sat ham s da cho .
2. Tim dién tich ctia hinh phing gidi han bdi do thi vira vé va dudng thing y= 4x
-2x* =3x+m
2x+1
1. V6i nhitng gi4 tri ndo cda tham s6 m thi hAm s& nghich bi€n trong khodng

—l;+oo ?
2

2. Khéo sat ham sd khim = 1.

Cau 57 : Cho ham s& : y =mx’ —3mx” +2(m—1)x+2 ,trong d6 m 13 tham s6 thuc.

Cau 54: Choham s :y=

Cau56: Chohamso:y=

1. Tim nhitng di€m ¢ dinh ma moi dudng cong ctia ho trén déu di qua .

2. Chitng td ring nhitng diém cd dinh d6 thing hang va tir &6 suy ra ho dudng cong
c6 chung mot tAm do6i xing.

3. Khdo st sy bi€n thién va vé do thi clia ham s& (ng vdi gia tri m=1

4. Viét phuong trinh cda ti€p tuyé€n véi dd thi tai di€m udn va ching td ring trong
céc ti€p tuyén clia do thi thi ti€p tuy&n nay c6 hé s6 géc nhd nhat.

5. Tim dién tich phing giGi han bdi dd thi cia ham s& (Gng véi m = 1) ; ti€p tuyén
tai di€ém udn va truc Oy.
Cau 58: Cho ham s6 :y =x’ —3mx* +3(m° —1)x+2

1. Kh3o sat va vé do thi ham s6 da cho khi m= 1.

2. Tim gi4 tri tham s6 m d& dd thi ham s di cho cdc di€ém cuc dai ,cuc ti€u ,dong
thdi cdc di€m cuc dai va cuc ti€u nim vé hai phia ddi véi truc tung .
CAUS9: Chohamss y=>"3 (1)

x+1
1. Kh3o sat ham so6 (1)

2. Viét phuong trinh dudng thing d qua di€ém M[2,§) sao cho d cit d6 thi ham
s6 (1) tai hai diém phan biét A ,B va M la trung di€m cda doan thﬁng AB.
CAU 60: Cho ham s§ :y=x"—3x" +m’x+m

1. Kh3o st (xét sy bi€n thién, vé& dd thi ) haim sd ng v6i m=0
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2. Tim tit cd cdc gia tri cia tham s6 m dé ham s6 c6 cuc dai, cuc ti€u va cic di€m
cyc dai ,cuc tiéu ctia d6 thi ham s6 doi xiing nhau qua dudng thing y =%x—§
CAU 61:

2 » 2, g oA ~ A . N A —)Cz + X + 1

1. Khao sat (xét sy bién thién ,vé do thi) ham sé : y :—1

x —
Goi do thila (C)

2. Chitng minh riing véi moi gia tri cia m ,dudng thing y=m cit (C) tai hai
diém phan biét A ,B .X4c dinh gia tri cia m d€ d¢ dai doan AB ngin nhat.
CAU 62:

2
X

1.Kh3o sit (xét sy bi€n thién ,vé& dd thi) ham sd : y = 1 .Goi d6 thi 1a (C)

2.Tim trén dudng thing y=4 tit c4 cdc di€m ma tir méi di€m d6 c6 thé ké tdi dd thi
(C) hai ti€p tuy€n lap v6i nhau mot géc 45°
CAU 63: Cho ham s6 y =2x* +3(m-3)x* +11-3m (C,)
1) Cho m=2 . Tim phuong trinh cic dudng thing qua A(%A)Vﬁ ti€p xiic
v6i dd thi (C,) clia ham s6 .
2) Tim m d€ ham s6 ¢6 hai cuc tri. Goi M, va M, 1a cic diém cyc tri ,tim
m d€ cdc di€émM,, M,va B(0,-1) thing hing.
Cau64: _ Chohamss:y :%f —x+§ (1)
a. Kh3o st sy bi€n thién va c& do thi (C) cia ham s (1)
b. Tim trén d6 thi (C) di€ém ma tai d6 ti€p tuyén clia d6 thi (C) vudng géc v6i dudng

thing :y=—§x+§

1
c. Tinh tich phan :I(l—x—xz)zdx
0
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CHUYEN PE KHAO SAT HAM SO: HGNG DAN VA DAP AN
Bail:

1) Khio st ham s6:y = ”i (C) TXD:D=R\(l)
.
y'= ﬁ <0 =Ham s8 gidm trén tiing khodng xac dinh.
.
TCDZX=1V1}Ci_>1’Illy=OO X | oo : S

v=1w B _ y = =
TCN.y—IVIXh_r)IClDy—l

1
BBT: y \

b4 thi:

2) Vi€t phuong trinh tiép tuyén clia (C) di qua diém P(3, 1):
Pudng thing (d) qua P c6 hé s6 géc kiy =k(x-3) + 1

X—+11 —k(x-3) +1 (1)
(d) ti€p xtic (C) < ¢6 nghiém
2 (2)
(x-1)°

Thay (2) vio (1) :
ol _2603)
x—-1 (x-1)
Thay vao (2) = k=-2 Vay phuong trinh ti€p tuyén di qua P 1a: y=-2x +7

3)M,(x,,y,) €(C). Ti€p tuyén cla (C) tai M cit 2 dudng tiém cin tao thinh mot tam gidc

S -1=22x-N+(x-1)? @4x=8=x=2

c6 dién tich khong phu thuéc M.
Phuong trinh ti€p tuyén cla (C) tai M: y = f'(x,)(x—x,) +,
x,+1 -3 x,” +3x, -1

-3
Lt = —_ =
Y (xo-l)z(x x0)+x0—1 (x0—1)2x+ (x, —1)

. [ 2 *A A 2, 4 4
Giao di€m vd4i tiém cin ding x =1. x=1=>y= x°+1 :A[l,x°+1j
X, — X, —

Giao di€m véi tiém cAn ngangy =1. y=1=x= 5x03—2 = B(Sx‘g_z ,lj

Giao di€m hai dudng tiém can: I(1, 1)

. 1 1 x, +4 ||5x -2
Tacé: S, :EIA.IB:5|yA _y1|~|x3 _x1| :EKZ - _1 I xO3 —1|
= 1| > | 5% —2_ zézhﬁng s6 Vay: S, khong phu thudc vao vi tri di€m M.

2|k -1 3 6
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COu 2: (2 di€m)

1) Khio st su bi€n thién va v& d6 thi ham s6: y= “f TXD: D=R\{1}
—
Y = -3 5 <0=Ham s gidm trén ting khodng x4c dinh
(x-1)
TCD: x=1vi limy == X | e L + 0
x—>1 S 1 — —
TCN:y=1vi lim y=1 ¥ Heo
g e B
BBT:
b4 thi:
2) X4c dinh a d€ tir A(0,a) ké dugc 2 ti€p tuyé&n dén
©)
sao cho 2 ti€p di€m dé&n nim vé 2 phia ctia Ox.
x0+2
Goi M(x,;y,)€(C) <y, =
0°%0 07 %, 1
Phuong trinh ti€p tuyén cia (C) tai M:
Yy =f (xo)(x_x0)+y0
-3 xb-+2 -3 x02-+4x0——2
¢>y=—————§{x—x0}+ 1¢3y= 2x+ >
_ X, — _ _
(xy =D 0 (xy =D (xy =D
S xy %+ dxy -2 5
Ti€p tuy€n qua A(0,a) < a = (a—l)xO —2(a+2)x0 +a+2=0 (1)
(x—1)
0
(vi x, =1 khong la nghi€m)

0

R ) ) ; a—-1#0 a1
biéu kién d€ c6 2 tiép tuyén ké tir A la: = { Khi @6 (1) c6 2 nghiém la

N >0 a>-2
XO, xl
) ) X0 +2 X +2 . ; .. .
= Tung d6 ti€p di€ém Yo = " va y = bicu kién 2 ti€p di€m nam veé 2 phia
XN — X, —
0 1

Ox.
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X, +2 x, +2 XX, +2(x,+x)+4
<:>y0y1<0<:> 0 1 <001 0 1 <0
xO—l xl—l xoxl—(x0+x1)+l
a+2+4(a+2)Jr4 oust R
a-l a-1 <0 <0 -3a-2<0a>—
a+2_2(a+2)Jrl -3 3
a-1 a-1
a>-2,a+#1 ) )
Tém lai: ) Sa>— vaazl bS:a>—=,a#1
a>— 3 3

C©u 3: (2 di€m)
3 P (g A N ~ A . N A 2 2 1
1) Khao sdt sy bién thi€n va v€ @6 thiham s6: y= LTL
X+

TXD: D = R\{-1}

o 2x?4dax , F:o
e
(x+1) x=-2
Ti€m can ding: x=-1v1 limy =00
x— -1
P 2 A A N ~ . 2
Tacd: y=2x—1+—— Ti€mcinxi€n:y=2x-1vi lim —=0
x+1 x —>ooX+1
BBT X -0 -2 | 0 +o
¥ + 0 0+
bo thi: y 7 +c0 e
Chox=1suyray=2. //’CEN‘ \ /1
— e 1
CT

2) Goi M 0 (C) c6 Xy = m. Ching t6 rang tich cac khodng cdch
t M d€n 2 dudng tiém cin ctia (C) khong phu thudc m.

/‘ —_ p— _ 2
Taco.XM—m:yM_Zm 1+—erl
Ti€mcanding : x+1=0 (D1)
m+1|
Suy ra d;(M, D1 =|—=m+l
2m—2m+l—i—l )
. . +
Ti€m cdn xi€n: 2x—y— 1 =0 (D2) d,(M,D2) = n =
\/g x/§|m+1|
Suyrad,.d,= |m+l|m :% (khong phu thudc m)
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2 —
COu_4: (2 diém Cho ham s6: y =2x+—”’f2
_4: (2 di€m) —

1) Tim m d€ dién tich tam gidc tao bdi TCX va 2 truc toa dd bing 4.

Ta c6: y=2x+m+2+il
y—

V6i m#0 thiTCX: y=2x+m+2vi lim ——=0
x—>ooX—1

Giao diém TCX va Ox: y=0 :>x=—m;2:>A(—

Giao di€m TXC va oy:
1 1+m+2

= SOAB =EOAOB :E

x=0=>y=m+2= B(0,m+2)

Im+2) =4 :%m+%2=MR3{m:
m

( thda di€u kién

m#0)
N 232 —3x-2
2) Khéo sat va vé do thi khi m = -3: y=—
x_
TXD: D =R\ {1}
’- x |- +e
':2)(:—4)62_’_5>0 \v/x¢1 |
(x=1) ¥
= Suy ra ham s ting trén tirng khodng xdc dinh. y bl +e

TCP:x=1vi lim y=o0 -t

x—1
TCX:y=2x-1 (theocaul)

BBT:

v

Pé thi: x=0= y=2,x=2=y=0

COu_5: (2 diém)

Cho:y =x'— (m*+ 10)x* + 9
1) Khdo sdtva vé dd thihams6véim=0. y=x'—10x*+9

(Cw).

TXD: D =R
' 433 —20x = 4x(x2 —5) —0e| 7Y
y'=4x" —=20x =4x(x” — =0
Y x=i\/§

y'=12x2 20 y"=0c>x=i\/§:>y=%44 = diémuﬁ’n(
BBT:

x| = -'\E

' L ]
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b4 thi:

2

=1 ==1
Cho y=0& * c{x

2) Chitng minh rang v6i V m# 0, (Cy) ludn ludn cit O:

tai 4 di€m phan biét trong d6 c6 hai di€ém nim e(-3,3)

va 2 diém nim ngoai (-3,3).

Phuong trinh hoanh d6 giao diém clia (C,,) va Ox.

Ao m?+10)x2 +9=0 (1) Pit t=x%(>0)

Phuong trinh trd thanh: i —(m2 +10)t+9=0 (2)
A=(m?+10)% 36> 0,Ym

Taco: {P=9>0

S=m?+10> 0,Vm

=0<t;<ty = (1) c6 4 nghi€m phan biét =Xy <X <X <Xy

Pit f(t) =2 — (m% +10)t +9 Ta c6: af(9)=81-9m% —90+9 = —9m2 < 0,¥m 0
<0<t <9<t

1 2
x12 <9 [xe(33)
= 5 = 33 <:>—x2<—3<—x1<x1<3<x2
x2 >9 xze( :3)

Vay (Cp,) cit Ox tai 4 di€m phan biét trong d6 2 di€me (-3,3) va 2 di€ém ¢ (-3,3).

COu 6: (2 diém) Cho ham 86 y = f(x) =x* —(m+3)x* +3x+4 (m 12 tham s6)

1) Tim m d€ d6 thi him s6 ¢ di€m cuc dai va cuc tiéu. Khi d6 vi€t phuong trinh dudng
thing di qua hai di€m cuc tri nay.

Ta c6: P'=3x% —2(m+3)x+3; y'=03x2 —2m+3)x+3=0 (1)

Ham s6 ¢6 CD, CT < (1) c6 2 nghiém phan biét.

2

SAS0S Mm+3)2-9500 m2 +6m>0 m<—6vm>0

Chia f(x) cho f’(x) ta dugc : y =f'(x)[%x—é(m+3)}—§(m2 +6m)x+%m+5

Vay phuong trinh dudng thing qua 2 di€ém cyc tri 1a: y= —%(m2 + 6m)x+%m +5.
2) Timm d€ f(x)>3x v6imoi x>1 Ta cé:

4
f(x)23x,‘v’x21<:>x3—(m+3)x2+420 ,‘v’x21<:>mﬁx—3+—2 ,Vx2>1
X
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. . 4
< m<min g(x) vO1 g(x)=x-3+— x| 1 2 +c0
x=>1 x2 |
g'x) 0 +
3
8 x -8 gy 2 +en
Taco: g'x)=1-—= ,WVx2>1;g'(x)=0=x=2
x3 x3 x‘ D///,
+) BBT: = min g(x)=0 Vay: m<0
x>1
COu _7: (2 diém)
2_
a) Khio st su bién thién va vé& do thi y:x—6xz+9 ©)
—Xx+
e TXD:D=R\({2}
C x%44x-3 , {x=
(—x+2) X=
TCD:x=2vi lim =oo; Tacéd: y=—x+4+
x—?2 —x+2
TCX:y=-x+4vi lim = ! =0 T = 1 & 3 + @
x> —X+2 ¥ s 0O + |+ 0
BBT: g [P + o0 0
a4 T /"CE\
b4 thi: T i e
Ch0x=0:>y:2

2

b) Tim M e Oy sao cho ti€p tuyén ké tit M dén (C)
o Ao 2 3

song song v4i dudng thang y=—Zx c6 dang.

Goi M(0, b) € Oy, ti€p ti€p qua M song song

dudng thing y= —%x c6 dang: (D): y= —%x+b

—-X

(D) tiép xtic (C) -

2

2) ot —4x=0ox=0 vx=4

9 5

COu 8: (2 di€m)
a) Khdo sat (1)

2

mzl:y=2x3—9x +12x+1

X2 —6x+9 3

—x2 +4x-3 3
(—x +2)2 4

y=2x° —32m+1)x2 + 6m(m+1)x +1

+ 2 4

x+b

(2)

Thay vao (1): x:O:b:%;x:4:>b:2

TXD: D=R

5

(1) khi m=1:
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x=1 = y=6
p=6x2 —18x+12;y'= 0@{ Y

y"=12x-18;y"=0 < x:% = y:E = diému6n1(§,£j

X |-eo 1 2 +co
BBT: ¥ 0 0 +
v 5 T
Pb thi: /,//" ®
. 5 ,/-"/'
T

b) Chitng minh ring ¥ m ham s6 (1) ludn dat cuc tri

=
tai Xy, X, V61 X, - X, khong phu thuéc m.
Ta cé6:
y=2x° —32m+1)x2 + 6m(m+1)x+1
y'= 6x -6(2m+Dx+6m(m+1); y'=0< x2—(2m+l)x+m(m+l):0 *)
=@m+1)? —4m(m+1)=1>0
= (*) ludn c6 2 nghiém phan biét x,,x,. = Ham s6 ludn dat cuc tri tai x,,x,.
Ta cé6:
X =2m+1-1=2m; Xy =2m+1+1=2m+2 :>x2—xl =2m+2-2m=2 (hingsd)
Vay: Xy =X khong phu thudc m.
x |80 512 + oo
Bui 9: (2 diém) 2 . 0

a) Khdo sitham s6: y=x" —-5x+4. ¥y (oo +on
Tap xdc dinh: D = R \ //’

y'=2x-15
BBT:
b4 thi:
5
% 1 2 4 5
¥ _3
‘ 4 ] i 0] 4
b) Vi€t phuong trinh ti€p tuyé&n chung ctia hai parapol:

2 2

+5x-11

(Pl):y=x —5x+6 va (P2):y=—x
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- Goi (A): y=ax + b 1a ti€p tuy€n chung cia (P1) va (P2).
- (A) i&p xiic véi (P1) va (P2).

x2—5x+6=ax+b c6nghiém kép

—x2 +5x—11l=ax+b c6nghiém kép

=

x2 -5+a)x+6-b=0 c6nghiém kép

=
x2—(5—a)x+ll+b=0 c6nghiém kép
{AI_O @ +10a+4b+1=0 {a=3 {a=—3
= = = v
A,=0 a®-10a—4b-19=0 (b=-10 b=5
Vay phuong trinh ti€p tuy€n chung 1a: y=3x-10 hayy=-3x+35
COu_10: (2 di€m)
a) Khio st va v& do thi ham s6: y = x> +3x2  (C)
TXD: D =R
=0
y'=3x2+6x=3x(x+2) y'=0 < {x
x=-2
y"=6x+6 y"=0 < x=-1=y=2 = DPi€muonl(-1,2)
X |- 2 0 0
+) BBT: " - D N
D\ h : //"’/' ' o y
0 thi: ® T
Cho x=-3,y=0 -e \o/'

x=1,y=4

b) Tim diém M trén Ox sao cho tit M ké dugc 3 ti€p tuyén dé€n (C)
trong d6 c6 2 ti€p tuy€n vudng géc nhau. )
Goi M(a,0) e Ox, dudng thing (d) qua M va c6 hé s6 géc K 1a:
y=k(x-a)

3 .2
. = — 1
(d) ti€p xiic (C) < {x PRk M ohiem

3x% 1 6x=k )
Thay (2) vao (1):
3 13x2 =3x2 4 6x(x—a) = 2x° +3(a—1)x —6ax =0

x~ +3x° =3x

2 x=0
@x[2x —3(a—1)x—6a}=0c> 2
2x=3(a-1)x—6a=0 3)

V6ix=0=k=0= 1tié€ptuyénlay=0.
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+) Tt M ké dugc 3 ti€p tuyén dé€n (C) trong d6 c6 2 ti€p tuyén vudng géc véi nhau

< (3) ¢6 2 nghiém phan biét X)X, # 0 va k1k2 =—1.

a+0 a#0
S JA>0 =S 9(a—1)2+48a>0

2 2 _ 2 __
(3x1 +6x1)(3x2 +6x2)— 1 9(x1x2) +18x1x2(x1+x2)+36x1x2— 1

|
a<-3va>—-——va a=0

s _ a<-3v a>—lvﬁ az0 1
o vi xlxz—-3a o 3 @a:E
81a2—81a(a—1)—108a+1=0 3(a-1) -27a+1=0
X, T X, =——
1 2 2

Vay chi ¢6 1 diém M(%,O) € Ox thod diéu kién bai todn.

COu_11: (2 diém) Cho ham s5: y=3x* = 4(14m)x> +6mx* +1-m  (C, )
1) Khdo sat ham s& khi m=-1: y=3x%—6x% 12 TXD: D=R
3 2 x=0
y'=12x —12x=12x(x —l) y'=0 <
x==1
2 1 1 0 » 1
y"=36x"-12 = y"=0 < x:i—3 :>y:§ = diémudn |-—.
AY
BBT:
X -4 -1 0 1
+ 4
vl - 0 + 0 - 0 +
y 4 4
-1 -1
]
b4 thi:
Choy 2 o 3t 62 =0 & =0
x:i\/E

2) Tim gid tri m < 0 d€ (Cp,) va(A): y =1 c6 ba giao di€m phan biét.
Taco: y = 3" —4(1+m)x3 +6mxZ +1—m ;

x=0 < y=l-m
y'=12x3—12(1+m)x3+12mx=12x[x2—(1+m)x+m}:>y'=0 o |x=1 o y=m

xX=m c>y=—m4+2m

3

—-m+1
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(€ ) Va (A) cdtnhau tai 3 di€m phan biét n€u dudng thing :y=1 di qua di€m cyc tri

cua (Cm).
1=m+1 m:()(loal) (m=0 (loai)
o |m=1 < | m=1(loai) m =1 (loai)
4 .53 2 w5 0
—-m’ +2m” —m+1=1 m(m—l)(m —m—l):O m=—— (loai)
) m:1—2ﬁ (nhdn vim < 0)
2
COu 12: 2diém)  Cho y=x>+3x>+(m+2)x+2m (C, )
1) Khdo sdt va vé db thi (C,) khim = 1. y=x3 +3x% +3x42 (C) TXP:D=R
y'=3x% +6x+3 :3(x+1)2 >0 suy ra hAm s6 ludn ting trén R
p'=0 < x=-1;y"=6x+6 ; y"=0 < x=-1 = y=1= di€mudnI(-1, 1).
e BBT:
x — o -1 ==
e Do thi: y' + 0 +

e A

Chox=0,y=2 Y 1/
X='2,y=0 —L_X_J/

y,=0 = ti€p tuyén tai I song song Ox.

A
v

2) Tim m d€ (C,) cit truc hoanh tai 3 di€m phan biét /
c6 hoanh do Am.Phudng trinh hoanh d6 giao di€m cda (C,) va Ox.

x3 +3x2+(m+2)x+2m=0c> (x+2)(x2+x+m)=0

x=-2

Paxem=0 (2)

e

(C,) cit Ox tai 3 diém c6 hoanh d6 Am < (2) ¢6 2 nghiém am phén biét khac -2.

m=-2 m#-2 m#—2
A>0 1-4m >0

= & " = m<l = 0<m<l ]-)S:0<m<l
P>0 m>0 4 4 4
S<0 -1<0 m>0

COu_13: (2 ®ilm) Choy=x"+mx*+7x+3 (1)

1) Kh3o sdt va vé dd thihAm s6 khim=5. y=x"+5x"+7x+3
TXD :[] y'=3x" +10x + 7
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[x=-1=y=0
5 16 R o
y'=0& 7 32 5 y"=6x+10y"=0x=—==y=— = di€mudn
X=——=y=— 3 27
L 3 27
(218
3°27)
X N - -
BBT : |
y' + (4] — Wy + }
Do thi: 32~ 3 %
' Y _n_',;-"l"’ 27 \ 0 _.--'""":. //’\\ /‘

2. Tim m d€ ham s6 (1) ¢6 cuc dai va cuc tiéu.
LAp phuong trinh dudng thing qua di€m cuc dai va cuc tiéu.
Taco:
y=x+mx’+7x+3; y'=3x"+2mx+7 y'=03x" +2mx +7 =0(*)
Ham s6 ¢6 cuc dai va cuc ti€u < (*)c hai nghiém phan biét
om<—21 v m>+21
2021-m*) 27-Tm
3} 9 9
Vay phuong trinh dudng thing qua di€ém cuc dai va diém cuc tiéu 1a:
_2Q1-m’) 27-Tm
9 9
COu _14: (2 diém)
la) Khdo sat va vé:
TXD: [

SA'>S0em -21>0
m

Chiaychoy’ tadugc: y= f'(x)Gx+

y=x"-2x

y'=4x3—4xy'=0<:>x=0vx=il;y"=12x2—4;y"=0<:>x=i%:>y=—

o . 1 5 I 5
=>Piémudn [, =| —;—= |, =| ——F—=;——=
1 [ﬁ 9j ’ ( Ng] 9}
BBT: x e =1 o +1 oo
y' o 0 o
E < o /—l—oa
b6 thi: \‘,1 P T )

5

9

\

+) 1b. Bién luin s& nghiém:
Tacé:x*'-2x"-m=0 <x'-2x"=m

Dua vao d6 thi (C) ta két luin :

m< -1: v0 nghiém. ; m=-1: 2 nghiém.

-1<m < 0: 4 nghi€m. ; m=0: 3 nghi€ém. ; m>0: 2 nghiém.

e
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COu 15: (2 di€m)
x> +4x+8

a.Khdo sdt ham sf)’:y=—2 (C) TXD: D =R\{-2}
X+
2 —
y,:x +4)§ y=0o x=0 X | _ae 4 B o I oo
(x+2) x=-4
Y -+ O o 4+
e Tiém cdn ddng: x = -2 vi lim =00 4 S eo

_ -
x—>-2
] 4x+2 y / CE}\ \
e Chia tf cho mau: y=x+2+ o

x+2 e
= Tiém cidn xi€én: y=x +2 vi lim =0
x>0 xy 42 *Y
e BBT: c1) 0
e Do thi:
r-1°7
N N . X' +4x+8 :
b.Twr d6 thi (C) suy ra do thiham s0 : y, = s ) e
X+ 1
Taco: /(-
o (I
y néu x > -2 c
y, = 0 ©)
-y néux<-2

Do dé dd thi(C) suy tir (C) nhu sau:
- Né&u x > -2 thi (C))=(C)
- N€&u x< -2 thi 14y phan d6i xitng clia (C) qua Ox ta dudc (C))
c. Xéc dinh tap hop nhitng di€m ma khong c6 d thi nao trong ho (C,) di qua:

(&%)

x,” +4dx,+m’ +8
X, +2

_x2+4x+m2+8
x+2

y

GQiM(xoayo) £(C,),Vms y, =

hodc m’ =y, (x, +2)—x; —4x,—8 v0 nghiém theo m.
Sy, (x, +2)—x) —4x,—8<0 <y, (x,+2) <x; +4x,+8

2
X, +4x,+8

Yo<—2—2—(néu x,>-2)
X,+2
<~
>w(né’u X,<-2)
Yo 0 0

0
M ¢ mién (I) gidi han bdi (C) v6i x > -2
M ¢ mién (1II) gidi han bdi (C) v6i x< -2

vO nghiém véimoim < x,=-2

Vay nhitng di€m M thoa di€u kién bai todn la nhitng di€m thudc mit phing toa do

Oxy, khong nim trén mién (I), mién (III) va khong niim trén (C).
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COu l6:
1. Kh3o sdt va vé dd thi hAm s6:y=—(x+1)’(x+4)=—x’ —6x> —9x -4
e TXP:D=R

x=-1

y'=—3x2—12x—9:>y'=0<:>{ ; X | _ oo . oo
X=-

yV'==6x-12=>y"=0cx="2=y=-2 ¥’ = O —+ O —

Pi€m udn :( -2, -2)
e BBT: y N ot © \

_A — oo
e DPothi:

2) Dung d6 thi (C) bién luan theo m s nghiém ctlia
phuong trinh : (x+1)*(x+4)=(m+1)’(m+4) *
S —(x+1D)(x+4) =—(m+1)°(m+4)

Pay 1a phuong trinh hoanh d6 giao di€m cta (C)

va dudng thﬁng (d) c¢6 phuong trinh : y=—(m+1)’(m+4)
- S6 giao diém 14 s6 nghiém cla phuong trinh .

e Bién luan:
~(m+1)’(m+4) <-4 < m(m+3)° >0<m>0: 1 nghiém
~(m+1y(m+4)<—4<m=0vm=-3:2 nghiém
—4<—(m+1’(m+4)<0<—-4<m<0:3 nghiém
~(m+1y(m+4)=0<m=-1vm=—4:2 nghiém
~(m+1y’(m+4)>0< m<—4:1 nghiém

C©u 17: (3 diém) Cho: y =(x=1)(x* + mx+m) (1)
1) Khdo sdt ham s6 (1) tuong Gng v6i m= -2:
y=(x-D(x*-2x-2) y=x"-3x"+2 Tap xdc dinh: D=R
x=0
y'=3x" —6x =3x(x—2) y'zO@LC: . 5 , e
y"=6x-6 y'=0x=1=y=0 y + o ° +
= Pi€m udn : I(1, 0) , / < \ /m
B]?TZ o =
bo thi:
Pi€m dic biét :
2) Tim m d€ dd thi (1) ti€p xic truc hoanh. X | g o 1 o 3
X4c dinh toa do ti€p diém. ‘ - > - - 5
Tacoé:y=x+(m-D)x>—m (1) y
N . {X3+(m-1)x2-m20 Q . ..
b0 thi (1) ti€p xtc truc hoanh < c6 nghi€ém .
3x°+2(m-1)x=0 3)
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x=0

(3)<:>x[3x+2(m—l)]=0<:> x__z(m_l)

3
Thay vao (2) : Il
x=0=>m=0 3
we2mED 8y A1y —m=0 /

3 27 9
S A4m—-1Y -2Tm=0<4m> —12m*> —15m -4 =0 3 2 9 B4z |3 %
m=4 '1 \/

S (m—-4HEm* +4m+1)=0 & . 1 \

2

Hoanh dd ti€p diém 1a :
m=0:>x=0m=4:>x=—2m=—%:>x=l
Viy dé thi (C) tiép xic Ox khi: m=0, m=4, m:—%

Toa dd ti€p diém tuong tng 1a: (0, 0), (-2, 0), (1, 0)
C©u_18: (3 di€m)

1) Khio sitham sty =1 (C) TXD: D =R\ (1)
.
y'= ( - 7 <0 =Ham s gidm trén titng khodng x4c dinh.
.
TCD:X:IVili_)ﬁp/:oo TCN:y=1wvi lim y=1
X X—>00
BBT: X | e 1 i
yl — —

IS . 1
b6 thi: y \

X | -1 ) 1 = =

};"' | [} -1 || = =

2) Vi€t phuong trinh tiép tuyén clia (C) di qua diém P(3, 1):
Pudng thing (d) qua P c6 hé s6 géck: y=k(x-3)+1

X—+11 —k(x-3) +1 (1)
(d) ti€p xiic (C) <1 ™ ) ¢6 nghiém
w1 K @
. x+1_ -2(x-3)
Thay (2 1): = +1
ay (2) vao (1) 1 )

St -1=22(x-3)+(x-1) ©4x=8=x=2
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Thay vao (2) = k=-2

Vay phuong trinh ti€p tuyén diqua Pla: y=-2x +7

3)M,(x,,y,) €(C). Ti€p tuyén cia (C) tai M cit 2 dudng ti€ém cin tao thinh mot tam gidc
c6 di€n tich khong phu thudc M.

Phuong trinh ti€p tuyén cla (C) tai M:  y = f'(x,)(x—x,)+,

-3 x,+1 -3 x,> +3x,—1
@y z(x x0)+ = Z'X+ 2
(x,-1) x,—1 (x,-1) (x, =D
Giaodiémvéitiémcéndffngx=1. x:1:>y:x°+4:>A I,XOJr4
x,—1 x,—1
Giao di€m véi tiém can ngang y = 1. y=l=>x= 5x03—2 = B(Sx(’;z ,lj
Giao di€m hai dudng tiém can: I(1, 1)
Ta cé :
1 1 1|x,+4 Sx,—2
SIAB=EIA.IB=E|yA—y,|.|xB—xI|:EL(;_I—I.I 03 —1‘
:l| 2 |'|5x0—2_1 :ézhﬁngsé'
2|x,-1|] 3 6
Vay: S, khong phu thudc vao vi trf di€m M.
COu ( 2 diém) Cho y= f(x)z%x3—2(m+l)x
a) Khéo siat ham s6 khi m= 1: y:%x3—4x
e TXP:D=R
' :2
y=x’-4 y=0& o 2;y”=2x:>y”=0<:>x=0:>y=0
xX=-
‘ - + OO
Piém udn 0(0, 0). *=ee = s
BBT: v’ ‘ + o — o .
16 4+ oo
3
3
Cho x:—4:>y=—?
16 ¥
x=4=y=— »
V=3 a /
b)Tim m d€ dd thj ham s& ¢6 cye dai, 'E / '2 v :
cuc ti€u sao cho: 4

2
(yca _yCT)2 25(4’" +4)3

Ta cé:y:%x3—2(m+l)x y'=mx?=2(m+1)
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y'=0<:>mx2—2(m+1):0 (D)

Ham s6 c6 cuc dai va cyc tiéu <> (1) ¢6 2 nghiém phan biét
2(m+1)
m
Khi d6 (1) ¢6 2 nghiém x;,x,(x; <x,) =Vep=f(x) va yor=f(x,)

= >0 <om<-1vm>0

D€ tim yp, va Yoy ta chia f(x) cho *(x) thi duge:  f(x)= f'(x).[%xj—%(m%—l)x

= yep = f(x,) = —g(m+l)x1
(Vif(x,)=0,f(x,)=0)

4
Yer = f(xz) = _g(m‘*' Dx,
Theo gid thi€t: (y.p —Yor ) = %(4m +4)3

@%(m+1)2(x1—x2)2=%64(m+1)3 S (x—x,)=8m+1) (Vim+l # 0)

&S -4p=8m+l) <0+ 9o ¢, p=2mtD,
m m
Sm=1 (Vim+l # 0)
So véidiéukién m<-Iv m>0 nhingidtrim=1 bS:m=1.
COu 20: (2 diém)
1) Khdo sat ham sd: yExt— (@) Téap xdc dinh: D =R\ {1}
Y
1 x* —=2x x=0
° '=1- = '=0&
YT G o1y Y L:z
e Tiém cdn ding: x =1 vi linll:OO
e Tiém cin xi€n: y=x Vi lim 1:0 x | _ oo O 1 o +oa
x—)DOx_
e BBT: y N o _ -

e DS thi: /1\ \ /r""
b4
— oo — CO 2

2) Viét phuong trinh cic ti€p tuyén cia (C) ké tir A0, 3) YT
- Pudng thing (D) qua A va c6 hé s6 géc k: y = kx +3 u
X+ =kx+3 (1) ’ T‘
(D) tiép xtic (C) <4 c6 nghiém ‘;
Lk (2) O ! >
(x-1) L2 X

- Thay (2) vao (1) :
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1 X
=X— 2+
x—1 (x=1)

S x—1l=—x4+3(x-1)" <3x*-8x+4=0

X+ 3

X—2 |:k=0
& =
xX=— k=-8
3
bS: y=3 ; y=-8x+3
Cau2l
a) Khio sat va v& do6 thi ham so:
y=x"+2x"+x+2 ; TXP:D=R
x=-1
y'=3x2+4x+1 y'=0& 1
X=—=
3
y"=6x+4;y"=0<:>x=—2:>y=2 Piém udn I _Z,E
3 27 327
BBT: - g S oo
« ¥ -+ = — = —+
Pé Thi: N —
v 7/ \ 5_0/
A 3 1
Wl — . _ -
‘ 3 1 3 3 + oo
v 50 - &2 50
27 - 27 27 e

b) Bién luin theo k 8 giao diém clia (C) va (D,):y = kx +
Phuong trinh hoanh do giao di€ém ctia (C) va (D,):
A2+ x+2=kx+2 x(x* +2x+1-k)=0
x=0
X +2x+1-k=0
Bién ludn :
k >0vak=1:(C)va (D,)cé 3 di€m chung.
k=0 A k =1:2 di€m chung.
k <0: 1 di€m chung
¢) Tinh dién tich hinh phing gidi han bdi (C) truc hoanh va dudng thing (D,)):y=-x+1.
Phuong trinh hoanh d6 giao di€m ctia (C) va (D,).

A'=1-1+k=k
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O A2x+x+2=—x+1l P +2x7 +2x+1=0
Sx+DXT+x+D)=0x=-1=>y=2

Giao di€m cda (C) va truc hoanh:

X2+ x+2=0(x+2)(x*+)=0=x=-2
Dién tich hinh phing cho bdi:

-1 1 4 3 2 1 2 !
S=j(x3+2x2+x+2)dx+j(—x+1)dx=x—+2i+x—+2x T =1—7+2=ﬂ(dvdt)
% ) 43 2, ; 12

2 12
CAU 22:
1) Khdo sit va vé @b thi ham so:
2 —_—
y:%=x—3+g (C) TXP:D=R\{0}
X
2 -
y'—x 22 ; ¥'=0 < x=—2 o =2 0 J2 + oo
X x:\/z :I'II + [ J— — 1] +
TCP:x=0vi limy = ¥ 3 + o0 + oo
xJio _Qﬁ 3 \ /’
5 T
TCX:y=x-3 vi lim==0 -0 -0 22-3
X \
BBT: 1
P4 thi: ¢ e
Choy=0 & x’-3x+2=0 @{x: I
:- 2.2 -3
2)Tim M trén dudng thing x = 1 sao cho tir M ké dugc A
dén (C) 2 ti€p tuyén vudng gbc nhau. !
Goi M(1, b) niim trén dudng thing x = 1.
Pudng thing (d) qua M va M c6 hé sd géck: y=k(x-1)+b
2
ﬂ:k(x—2)+b (1)
(d) ti€p xic v6i (C) <4 | 7 c6 nghiém.
x =2
=k )
2 2 _
Thay (2) vao (1): 272 =070y b4 2 - 4x+2=0 3)
X X

T M ké 2 ti€p tuyén dén (C) va vudng géc v6i nhau.
< (2) ¢6 2 nghiém phan bié€t xy, x, # 0 sao cho ky, k, =-1.
4-2(b+2>0)
@{A'>0 Sx -2 x,° =2
kky=—1 |2 =227

X Xy

=-1
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2
b>0 XX TS
S véi b+2
x7x, —(x,"+x,7)+2=0 _
X, tXx, =——
b+2
b<0 b<0
= ) =
P*+6b+2=0 |b=-3+7 (nhan)
CAU 23:
1)Kh3o st va vé do thi him so:
2_
y:$=x—3+g (C)  TXP:D=R\ {0}
X
X’ =2 0 x=—2 x o =2 0 22 e
y'= > y=0 < ' - -
2 =2 y| * -~
. | —2\}5—3 + oo + on
TCh:x=0vVvi limy =
2 ~eb -e0 2.2 -3
TCX:y=x-3 vi lim==0 oo
X g
BBT: 1

P thi: Choy=0 < x°=3x+2=0 @{x_

“ei 22-3
2)Tim M trén dudng thing x = 1 sao cho tir M ké dugc /}
dén (C) 2 ti€p tuyén vudng gbc nhau. !

Goi M(1, b) niim trén dudng thing x = 1.
Pudng thing (d) qua M va M c6 hé s& géck: y=k(x-1)+b

2

ﬂ:k(x—2)+b (1)

(d) ti€p xic v6i (C) <4 | 7~ c6 nghiém.

Sl 2)
X
2 2 _

Thay (2) vao (1): 272 & =D07D o)k d4x +2=0 3)
X X

T M ké 2 ti€p tuy&n dén (C) va vudng géc v6i nhau.
< (2) ¢6 2 nghiém phan bié€t xy, x, # 0 sao cho ky, k, =-1.

4-2(b+2>0)
A'">0 2y 2o
= = — —
kk,=—1 | B =2 2
xl ’x2
XX _—2
b>0 2
N voi b+2
x7x, —(x,"+x,7)+2=0

AR
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b<0 b<0
= ) =
PP+6b+2=0 |b=-3+7 (nhin)
Cau 24:
Cho y=x"-2x"+2-m (C,)
1) Kho sit va vé db thi hAm sd khim =0 y=x"-2x"+2 TXP: D=R
3 2 ' x=0
y'=4x" —4x=4x(x"-1) y'=0< B
y":12x2 -4 ; y'=0< x:iijy:Ej diém udén [L,Ej,[—i,gj
3 9 379 379
BBT: - e -1 0 1 +eo
P thi: Choy=2 < x*x’=0 v -0 + 0 - 0 +

[ NN

2) Timm d€ (C,,) chi c6 hai giao di€m chung véi truc Ox.
Phuong trinh hoanh d6 giao di€m clia (C,,) va truc Ox: ©
x*-2x*+2-m=0 (1)
Pit t=x" (0) “
Phuong trinh trd thanh: ?
-2t+2-m=0 (2)

(1) chi ¢6 2 nghiém <> (2) ¢6 nghiém trdi dau hoic (1)
c6 nghi€ém kép duong

P<0
A'=0 2-m<0 m>2
< <
b 1-2+m=0
——>0
2a
Vay (Cp,) cit Ox tai 2 diém khi: m = 1 hay m > 2.
3) Chitng minh riing Vm tam gidc c¢6 3 dinh 1a 3 diém cyc tri ciia (C,,) 12 mot tam gidc
vudng can:
Tacé:y = x* 2x*+ 2 - my’= 4x°- 4x
x=0 y=2-m
=
x==1 y=1l-m

m=1

<:>y'=0<:>[

Goi 3 diém cuc tri 1a:

A(0, 2- m), B(-1, 1- m), C(1, 1- m)

Ta c6:

ACAB=-1+1=0, Vm

AB=(-1,-)= AB=~2 ; AC=(l,-) = AC=2 =
AB=AC =2, Vm
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Vay A ABC la tam gidc vudng cin tai A, Vm.

Cau 25:
a) Khio sit ham s6: y=x"-5x>+4  (C) TXD:D=R
x=0
y'= 4x- 10x = 2x (2)(2 -5) y=0 < J10
T
* 2
y’=12x> - 10 y"=0<:>x=4_r\/§:>y=B = di€m udn: —\/z,E \/E,Q
6 36 6 36 6 36
BBT: ] e J10 J10
_T 0 2 + <o
N ¥ — 2] + o
Pd thi: 7

— 0 +
+ oo 4 + o
\ ° /CD \_2 /'
T4 4
CT CT
x==*1

Ch0y=0<:>x4—5x4+4:0<:{ 4
x=32 Nd (C)

b) Tim t4t ci cdc gi4 tri cia a d€ (C) ti€p xic vdi @6
thi y=x"+a.

Tim toa do ti€p diém: Goi (P): y = x*+ a.

X' =5x' +4=x" +a 0

C) ti€p xic (P
(C) tiep xde )©{4ﬁ—10x=2x )

c6 nghi€ém

(2)<:>x3—3x=0<:>x(x3—3)20<:>{

0
x:i\/g

Thay vao (1):
x=0:>a=4;x=i\/§:>a=—5
Viy a =4, a=-55. Tiép di€m (0,4)(—3,-2)(+3,-2).

Cau 26: Cho ham s6: y = x>-(2m + Dx*+ (m? - 3m + 2)x + 4
a) Khdo sat hAm s6 khim = I: y=x"- 3x" + 4 TXD:D=R

x=0

x=2

y’'=6x-6 ; y'=0=x=1=y=2= diémudn I(1, 2)
BBT:

y'=3x%- 6x ; y':Oc{

X —co 0 2 +en
<L ¥ + 0 = 0o+
bo thi: ¥ 4 +eo

X=3’y=4 CB\ /
x=-1,y=0 o 0
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b) X4c dinh m d€ d6 thi ham sd ¢é di€m cuc dai, cuc ti€u & vé

2 phia truc tung. Ta c6:y = x>- (2m +1)x*+ (m* 3m + 2)x + 4
y'=3x-22m+ Dx +m* 3m+2

D6 thi ham s6 ¢6 di€m cuc dai va di€m cuc ti€u & vé 2 phia cia truc Oy.
<y =0c62nghiém x,_ x, trdi ddu < P< 0.

2_

moomre 3er2<0c>1<m<2 bS:1<m<?2
Cau 27:

9 P N A, x2_3x+6 .

a) Khdo sat ham so: y=m—— (1) TXD: D=R\{1}

Y

y,_x2—2x—3 L <::{x=—1

(x—l)2 x=3

Ti€m can ding: x=1vilimy=o
x—1

Ti€m can xi€n: Tacd: y=x-2+ = TCX:y=x-2vi lim =0
x—1 x—0 x —1
BBT:
x |- -1 1 3 + 1o

N 3 (] _ —
bo thi: = = -5 +oo = e +o0
Cho X = O = y = -6 ¥ / \. \ /

x=2=>y=4 & . 3

b) Tir dd thi ham s& (1) hay néu cdch vé& va vé db thi ham s6:

2
e i’;” (C)) Tacé: y>0 = (Cy) & phia trén Ox.
Y —

y néu (x>1)
g _{—y néu  (x<1)
Suy ra ciach vé (C,) nhu sau: *
- Phan cda db thi (1) &ng v6i x > 1 tring véi (C)).
- B4 phan clia (1) &ng v6i x < 1 va 14y phan d6i xitng
clia phan nay qua truc Ox ta dudc (C)).
¢) Tir g6c O c6 thé vé& dugc bao nhiéu ti€p tuy&n d&n dd thi
Tim toa dd ti€p diém (néu co).
- Pudng thing (d) qua 0 va c6 hé s& géc k 1a: y=kx.
- Hoanh d6 ti€p di€m la nghiém cia hé:

2_

X 3x+6:kx )
x—1

x2—2x-3

vt S )

(x=1)

Thay (2) vao (1):
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x=3+\/€:> k=46-9
x=3-6 |k=-4J6-9

x*-3x+6 (x> —2x-3)x
x-1 (x—1)2
Viy c6 2 ti€p tuyé&n ké tir 0 d&n dd thi (1).
Toa dd ti€p diém la:
x=3+J6 = y=3J6-3= M,(3++6,3J6 -3)
x=3-6 = y=-3J6-3=M,(3-6,-3J6-3)

c>x2—6x+3=0c>|:

Ciu 28: Cho ham s6: y = %x3—x+ m ()

1) Khio sat ham s& (1) khi ng

y:%xtx% (©  TXD:D=R
y =x2—1
=1
y'=0c>{X
x=1
yVV:2X

y”=0c>x:0:>y=%:>dié°mu6’n1(0, %)

2) Tim m d€ dd thi (1) cit truc hoanh tai 3 di€m phan biét:
D6 thi (1) cit Ox tai 3 di€m phan biét.

=N %)8— x+m=0  ¢6 3 nghiém phan biét.

= %x3 — x+% = —m+% (*) ¢6 3 nghiém phan biét.
bay la phuong trinh hoanh do giao di€m cta (C) va dudng th:flng (d).

Phuong trinh (*) ¢6 3 nghi€m phan biét <> (d) cit (C) tai 3 diém phan biét:
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c>0<—m+%<i

2 2
S -——<m<—
3

Truong THPT Vinh Chan - T6 : Toan - Ly

3
. . x4 x
1) Khdo sit va vé do thi ham so :y = 5 ©)
¥ —
e TXD:D=R\{2}
,_x2—4x—2
TR
' x=2-+/6
yv=0&
x=2+46
e Tiém cédn ding :
X=2 Vvl limy=oo
x—2
Tacdé:y=x+3+
¥ —
e Tiém can xién:
y=x+3 vi lim =0
X0 x —2
e BBT:
- oo L — 5 24v's 4+ oa
?rl + 0o — — 0
5 2V oo e
e = o 5| G |
e Dothi:
Cho x=0,y=0
x=1,y=-2
T
1 ©
\
|
—C >
| X

| \l\

2) X4c dinh b d&€ (A) cit (C) tai 2 di€m phan biét .
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Phuong trinh ti€p tuyén cia (C) tai O.
1
y=,'(0)x <y Rt
(A)qua B(0, b) va song song (d) c6 dang :
(A):y= —%x +b

Phuong trinh hoanh d9 giao di€m ctia (A) va (C) :
x2+x:—lx+b
x—=2 2
& 2xP +2x =—x +2x+2bx—4b
& 3x7 —2bx+4b=0
(A)cit (C) tai 2 di€m phan biét : < A'>0
Sb -12b>0b<0vb>12
Toa dd trung di€m I cud MN :

Xy +xy 2b b
T T s 5x
2 6 3:>y=—
——lx+b 2
)

Vay I nim trén dudng thing cd dinh c6 phuong trinh @y = %x

Cau 30:
2
Chohﬁms6:y=—x +2mx+2
x+1
1. Kh3o sit va vé dd thi ham s6 véim = 1:
X +2x+2
x+1
o TXD:D:R\{—l}
CoxX+2x
y =
(x+1)
x=0
=0
Y x=-2

e Tiém cédn ding :

x=-1vi lim =
x—-—1

Taco:y=x+1+
x+1

e Tiém can xién :

=0

y=x+1vi lim
xX—0 x 4]

e BBT:
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X ) -7 -1 ( + oo
Yy + 0 - - 0 F
2 + .00 + co
T
y ~ ‘:_,-"‘"‘ - \2/
e DO thi

\
XY

2. Tim m @€ ham s6 ¢6 cuc dai, cuc ti€u va khodng cach tir diém cuc dai va diém
cuc ti€u dén dudng thing: x + y + 2 = 0 biing nhau.

x* 4+ 2mx+2
x+1
L X +2x+2m -2
o (x+1)?
V=0 x*+2x+2m-2=0 (1)

Tacod:y=

Ham s6 ¢6 cuc dai, cuc ti€u < (1) ¢6 2 nghiém phan biét.

<:>A'=3—2m>0<:>m<§

Toa dd di€ém CP M, (x,,y,) va diém CT M,(x,,y,) cho béi:
X =—-1-3-2m=y, =2 ()

' =2x,+2m
v'(x;)

x,=—1-J3-2m=y, = M,Exzi =2x, +2m
v'(x,

Goi (D): x +y +2 = 0, ta ¢6:d(M,,D) = d(M,,D)
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|xl +2x, +2m+2| _|x2 +2x, +2m+2|

2 2

< |3x, +2m+2|=[3x, +2m+2]

[3x, +2m+2=3x, +2m+2
3%, +2m+2=-3x, -2m -2

e

[ x, = x,(loai)

= —4(m +1)
X tx, =———=

So vdi diéu kién m<% nhéin m:%
1
bS:m=—=
2

Cau 31:

1) Khio sit va vé dd thi ham so:
y=x—6x*+9x (C)
e TXP:D=R
y'=3x* —12x+9

. x=1
y =Oc>L:3
y'=6x—-12
y'=0< x=2=y=2=diém udn (2, 2)
e BBT:
| o 1 < + e
U - o — +

xXv
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2) a) Tir do thi (C) hdy suy ra dd thi (C,) ctia hAm sd:
3 2
Y =|x| —6x +9|x|
Ta co: y, =|)c|3 —6|x|2 +9|x| =y = f(|x|)

Pay 1a ham s6 chdn nén d6 thi (C,) nhan Oy lam truc ddi xting.

©)

Do dé dd thi (C,) suy tir (C) nhu sau:
- Phan ctia (C) bén phdi truc Oy giit nguyén.
- B4 phan clia (C) bén trdi Oy va 14y phan d6i xing clia phan bén phai clia
(C) qua tryc Oy.
b) Bién luan theo m s nghiém clia phuong trinh:
|x|3 —-6x° +9|x|—3+m =0
= |)c|3 —6x° +9|x| =3-m
Pay 1a phuong trinh hoanh d6 giao diém ctia (C,) va dudng thingd:y=3-m S8
giao di€m cta (C,) va d 1a s6 nghiém ciia phuong trinh.
Bién luan:
e 3-m<0< m>3:v0 nghi€ém
e 3-m=0<m=3:3nghiém
e 0<3-m<4<-1<m<3:6nghi€ém
e 3-m=4<m=-1:4nghi€ém
e 3-m>4<m<-1:2nghi€ém

Cau32:
1) a) Kh3o sat ham so:
X —x+1
x—1
o TXD:D:R\{l}
. xT=2x
TGy
x=0
'=0&
Y x=2

e Tiém cédn ding:

x=1vi lim =0

e |
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Taco:y=x+——
x—1

e Tiém can xién:

y =xvi lim =0
x—o xy —1]
e BBT:
X |-eo Q 1 . +c0
Y + 0 — — 0 +
- 1 + 00 + 0
y /’
\ \\ 5 /
-ch -ch
e DPothi:
A
1\ €
alY — ;//
//////
) //// )
O1 //% )(>

b) Xédc dinh A(x;,y,) €(C) véi x, >1 sao cho khodng cdch tir A d€n giao diém hai
dudng tiém cAn nhd nhat.

Goi I 1a giao di€m 2 dudng tiém can:

x=1=>y=1=1I1(,1)

Ax,y)eC) <y, =x +
x, —1

Tacé : AI* =(x, —1)* +(y, —1)?

2
1
xl—lj

+222\/2(x1—1)2.

:(x1—1)2+[x1—1+

1
(x, =1)°

1
(x, —1)°
=22 +2=2(W2+1)
— Min AI> =22 +1) khi:

+2

— A =2(x, -1 +

39
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1
2(x, —1?* = & Dt ==
('xl ) (X1—1)2 (xl ) 2
<:>xl—1=iL
Y2
X, =1+L
= V2 = =42+L
1 yl 6/5

x, =1 —G(loai)

)

1 1 .
Vay :A| 1+— 42 +— | thi Min AT =+/2(+2 +1
o ( ) ﬁJ (Vz2+b

~ A ., . 2 X + 3 N 2, A A 2 A . N ~ 7
2) Timtap gid tricua y = va cdc ti€ém can cua do thi ham so6 do:
x*+1
e Mién x4c dinh R.
\ 1-3x 1
° O x=

y'= , y'= ey

(x® + DVx? +1 3
e Bdng bié€n thién:

i
A | - 3
Yy 0
-1 -1

Dya vao bang bié€n thién ta k&t luan:

e Mién gi4 tri clia ham s6 : (—1,+/10}
e Db thicé 2 dudng tiém cin ngang:y =-1vy=1

+ o0

CAU 33:
1) Khdo sit va vé @b thi ham so:
x*+2x-2
y=2 122 2
x—1
o TXD:D=R\{1}
y,_x2—2x
(x=1)°
L x=0
y'=0 < chz

e Tiém cén ding:
x=1vi lim =
x—1
P 1
Tacd: y=x+3+——
x—1
e Tiém can xién:

http://book.key.to

40



Cu DPitc Hoa Truong THPT Vinh Chan - T6 : Toan - Ly

y=x+3vi lim L=0
x —>ooX—1
e BBT:
X |-00 0 1 2 +0
Y | + — — 0o -+
+00 + 00
y o~ TBN \ /
-0 -0 sl
CT
e Do thi:

2) Tim di€m M trén (C) sao cho khodng cdch tir M dén giao di€m 2 dudng ti€ém
can 12 nhd nhat.

Giao di€m clia 2 dudng tiém can la: 1(1,4)
Goi M(1+a,4+a+lje ©)
a

e Xéta>0
Ta co:

2
IM2 :a2+(a+lj =2a2+%+222 2a2.i2+2
a a \ a

—2J242
= IM >+242+2

— min(IM) = /242 +2 khi 2az=i2 <:>a4:%
a

= a=L:> M(1+L,4+L+i‘/§}

B o

Do tinh ddi xitng nén c6 2 diém M thoa diéu kién bai todn:
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M1(1+L,4+L+i‘/§j

%

1 1 4
M |[1-—,4+—-32
2(  ®» J
CAU34:
2 R
Chohe‘lmsf)’:y=L’m1
x—1
Tim m d€ tiém cin xuyén cit cdc truc toa do tai A, B sao cho:
Soas =18
2 m
Ta co6: y=x+m+l+——
x—1
= TCX:y=x+m+1vi Ilim S
x —>o0X—1
TCX cdt Ox tai A: y =0 suy ra x = -m-1
= A(-m-1, 0)
TCX cdtOy taiB: x=0 =>y=m+1
= B(0, m+1)

1
= SOAB:EOA'OBZIS

< |-m-1.Jm+1=36
m=>5

o (m+1)? =36 < { ,
e

CAU 35:
1) Kh3o sit sy bié€n thién va vé& d6 thi hAim s6 véim = 1

yz—x3+6x2—9x+4

e TXD:D=R
y'=3x2 +12x -9
0 x=1
=0 <
Y x=3
y"=—6x+12
y'=0 < x=2= y=2 =di€mudn (2, 2).
e BBT:
L3 1 3 +e0
¥ - 0 + 0o —
+ oo 4
¥ Ch
\.\D //’7 \_m
CT
e Do thi:
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Chox=0,y=4
x=4,y=0
2) Tim m dé€ dd thi ham s6 c6 diém cyc dai, di€m cuc ti€u d6i xing nhau qua
di€m 1(0, 4)

3 2

Taco: y=-x"+3(m+1)x"=3(2m+1)x+4

y'==3x> +6(m+1)x-3(2m +1)

¥'=0 o =33 +6(m+1)x=3(2m+1)=0
o x2o2(m+)x+2m+1=0 ()

N ~ 7z . N - R
Ham s6 ¢6 cuc dai va cuctitu < A'=0

<:>(m+1)2—2m—1>0 om?>0 om0
xlzl = y1:—3m+3

= 3
x2=2m+1 :y2:4m —3m+3

Toa d6 di€m cuc dai va cuc tiéu la:
M, (1,-3m +3), M, Qm+1,4m> —3m+3)

M, Va M, ddi xing nhau qua I < 114 trung diém M, M

172
xl+x2=0 2m+2=0
& &

vty =8 4m> ~3m+3-3m+3=8
m=-1 m=-1
& &
{4m3—6m—2=0 (m+l)(4m3—4m—2):0
Sm=-1 (nhan)
bS: m=-1

CAU 36:
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2 —
Cho ham s§ y =2~ (6=m)>x

mx+2
1) Tim m d€ ham s6 ¢6 cuc dai va cuc tiéu:
o 2mx® 4 8x+12-2m
Tacé: y'= >
(mx+2)
2

y'=0< 2mx“+8x+12-2m=0

@mx2+4x+6—m=0 )]

Ham s6 dat cuc dai va cuc tifu < (1) ¢6 2 nghiém phan biét.
m #0 m#0
= =
A'>0 4—m(6—m)>0
m=#=0 m#0
= =
m% —6m+4>0 m<3-5 vm>3+5
Vay: m<3—+/5 vm>3++/5 vd m=0 thi ham s& ¢6 cuc dai, cuc tiéu
2) Kh3o sat ham s6 khim = 1:

2
:Zx +5x (©)
x+2
e TXD:D=R\{-2}

2x2 +8x+10
== >

(x+ 2)2
— Ham s0 ting trén ti'ng khodng x4c dinh.
e Tiém cédn ding :

0 Vx#2

x=-2vli lim y=o

x— -2
Ta c6: y=2x+1-
x+2
e Tiém can xién:
y=2x+1vi lim =0
x—>ooXt 2
e BBT:
X | —o -2 +co
¥ + .
4o +co
—co -0
e Diém dic biét
| 4 3 -2 1 0
¥ ‘ 5 3 H 3 0

e Do thi:
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124

12+

3) Chitng minh riing tai moi di€ém ctia (C) ti€p tuy&n ludn ludn cit 2 tiém cin mot
tam gidc c6 dién tich khong d6i.
D4i truc bing tinh ti€n theo véc td OI =(-2,-3)

x=X-2
=
y=Y-3

Thay vao y=2x+1-
x+2

= Y—3:2X—3—£ = Y:ZX—3
X X
:>Y'=2+i2
X
2

Goi M (X,.Y)e(C) =¥, =2X)-—

Phuong trinh ti€p tuyén tai M
Y= XX - X)+ Y,

0:

ey=|2i 2 (X—X )+2X 2
e 2 0 0 x
0 0

oY= 2+L2 X—Xi
XO 0
TCDb: X=0
TCX: Y=2X

. g £ LA A 2,
Giao di€m vdi ti€m can ding:
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X=0 =Y=—t = 40-2
X X

0 0
Giao di€m véi TCX:
2 4
24— | X——=2X & X=2X. =>Y=4X
X2 X 0 0
0 0
:>B(2X0,4X0)
31l =3 o] =4 (knong as)
IAB 5 ong do1
CAU 37:

1) Cho ham s0: y=x’-3(a—1)x" +3a(a—2)x+1
a) Kh3o sit va vé dd thi ham s khi a=0
yz)c3+3)c2
D=R
:3x2+6x:3x(x+2)
x=0
x=-2

+1

y'=0 @{
y"=6x+6
y'=0 & x=-1 =>y=3
= DPi€m udn (-1, 3)

e BBT:
R S -2 a +em
y' + g~ 0 +
5 +
¥ \
-m/ 1/
e Do thi:
Cho
x=l=y=5
x=-3=>y=1
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b) V4i gid tri ndo clia a thi ham s6 don bi€n véi 1<|x|<2

Ta c6:

y=x3—3(a—l)x2+3a(a—2)x+l

y'=3x2—6(a—l)x+3a(a—2)

Ham s6 dong bi€n véi 1<|x|<2

< y'20 v6i 1<|x|<2

c>x2—2(a—l)x+a(a—2)20 vOi: 2<x<-1 v 1<x<2
BXD:

y'20 vl 2<x<-1 v 1<x<2
= -1<a-2 va<l

<azlv all <aell

Vay ham s§ dong bi€n trong 1<|x|<2 v6imoi aell

2) Tim m d€ dd thi y=x*-3x+2+3 ¢6 3 di€m cuc tri.

X
Ta c6: y'=2x—3—ﬂ2
X
Ham s6 ¢6 3 cyc tri < y’=0 c6 3 nghiém phan biét.
2% -3x% —m=0¢6 3 nghi€m phan biét.

Xét ham so g(x)= 23 23x% —m

=g'(x)= 6x% — 6x
x=0 =y . .=-m
g'(x)=0<:> cd
x=1 :>yCT:—(m+l)
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g(x) =0 c6 3 nghi€ém phian biét SVoqVor < 0
Sm(m+1)<0 < —-1<m<0

Vay dd thi c6 3 di€m cyc tri khi: -1<m <0
Chia f(x) cho f’(x) ta dugc phuong trinh dudng cong chita 3 diém cuec tri:

. 1 3Y 3 3m 3 m
y_f(x)(zx 4) 4 2% 42
Toa d6 cdc di€m cuc tri thdéa hé
m
f()C)_O 2x—3—x—2 (1)
&
y=%+%-ﬂ—%-% 3. 3m 3 m (2)
X o4y YT T2

Kh m ta c6:
M o_ox—3 =02 3,
2 X
X
Thay vao (2) ta dudc :

y:%+%(2x2—3x)—%(2x—3)

2

& y=3x"-6x+3

oy= 3(x—1)2
Vay 3 di€m cyec tri § trén dudng cong c¢6 phuong trinh:
y=3(x-1)?
Céu 38 :
1) V& d6 thi ham s8:y = —x? + x + /(x> +1)> —4x>

S y=—x" +x+(x* =1)

& y=—x° +x+‘x2 —1‘

x-1 néu x<-1 v x>1
<> y= 5 »
2x°4x+1 néu -1<x<1
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. N I T T P x+1
2) Tim toa d6 giao di€m cua cdc ti€p tuyén cua do thi ham so6: y =

bié't ti€p tuyén vudng géc dudng thing y = x + 2001.
Goi (d): y=x+2001
(A):y=—x+b 12 ti€p tuyén L (d)
x+1

;=-x+b (D)
(A) Ti€p xiic (C) < {7~
4
> =-1 (2)
(x=3)
—1
Q) (x=37 =4 |
x=5
Thay vao (1):x=1=5b=0
x=5=>b=8

Vay phuong trinh ti€p tuyénla: y = -x hay y = -x + 8
Suy ra giao di€m véi truc hoanh 12 O(0, 0), A(8, 0).
Cau 39 .

(m+1Dx? =2mx —(m* —m?* +2)

Chohamso :y =

x—m
1) Khdo siat ham s6 da cho véim = 0:
x* =2 2
y: =X——
x x

e TXD:D=R\{0}
y'=1+%>0,w
X

= Ham s6 dong bi€n trén tirng khodng dinh .
TCB:x=0v1 lim y =
x—0

TCX:y=xvi limE:O

X—>0 x

e BBT:
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x [—oD ] +00

¥ + o +o0
.:-'-'ffﬂ_'-' .:-'-'ffﬂ_'-'

=00 =00

e Piém dic biét:
X :i\/i,y =0
x=1Ly=-1
x=-1ly=1

e Do thi:

2) Pinh m @€ haim s6 (C,,) ludn ludn nghich bién trén cic khodng xac dinh clia né.
(m+1Dx* =2mx —(m* —m?* +2)
xX—m
. (m+Dx* 2mm+D)x+m’ + m* +2
B (x —m)’

Tacéd:y=

Ham s6 nghich bi€n trén tirng khodng x4c dinh.
< y'<0,Vx#m

S m+Dx?=2mm+Dx+m’ +m* +2)<0,Vx #m

m+1<0
=
A'<0

m< -1
<9 2 3 2
m-(m+1)"—(m+1)(m’>+m~+2)<0

m<-—1 m<—1 . ‘A
& & ( v6 nghiém )
—2(m—-1)>0 m> -1
Vay khong c6 gid tri ndo ctia m d€ ham s6 ludn nghich bié€n trén cidc khodng x4c dinh
cta no.
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Cau 40 :
2 —
1) Khdo sat hAm sf)’:yzsz5 (©)
_
e TXD:D=R\{2}
L X —4x+3
T
'=0 r=1
Y= x=3

e Tiém cdn ding: x =2 vi lim2 =
X—>

Tacé: y=x+3+
x_

=0

e Tiémcanxi€n:y=x+3vi lim
X2 x —2

e BBT:

Cho x=0:y=%

2) Chitng minh riing tich khodng cdch tir 1 diém M bat ky trén (C) dé€n cdc dudng tiém
can la 1 hing s0.

Goi M(x,,y,)e(C) =y, =x,+3+

Xy —
TCb:x-2=0
TCX:x-y+3=0

|x0 —2| |x0 - +3|
NG
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3) Tim trén mdi nhanh cda (C) 1 di€m sao cho khodng cach giita chiing nhd nhat:

GoiA(2-a,5-a —l) (a>0)va B2+b,5+ b+%) (b > 0) 12 hai diém thudc 2 nhdnh cia
a

(©).

Ta c6: AB® = (b+a)’ +<b+a+%+l>2

2
=(b+a)* +(b+a) (1+iJ 24ab+4ab(l+i+%J:8ab+8+i
ab ab a°b ab

84 8ab+ =842 /Sab.i =8+8/2
ab ab
& AB > 24/2(1++/2)
— min(AB) = 22(1+2)

a=>b a=>b

Caud4l:

1) Khdo sit sy bién thién va vé dd thi ham so:

2
X

Y= ©

e TXD:D=R\{1}
. x>=2x

(x—1)?

=0
y=0c{x

x=2
e Tiém can ddng:
x=1vilimy=o
x—1
P 1
Taco: y=x+1+——
x—1
e Tiém can xién:
s 1 1
y=x+1vilim—=0

x—>o X— 1
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e BBT:
¥ | -wm O 1 2 4o
y + 0 - - 0 4
y 0 +m +m
e Do thi:
Tl ©

2) Tim trén dudng thing y = 4 tit ¢4 cdc diém ma tir mdi di€ém d6 c6 thé ké t6i
(C) 2 ti€p tuyén lap véinhau 1 géc 45°.

- Goi M(a, 4) e dudng thing y = 4, ta c6 dudng thing y =4 1 ti€p tuyén ké tr M
dén (C) va song song Ox = ti€p tuyén th hai tao véi Ox 1 géc biing + 45°

= Heé s6 gdc ti€p tuyén tai My(xo, Yo) € (C) 1a £ (x¢) == 1

2
)
P(xg) =1 0“0 -1 (v nghi¢m)
(xg =D
X2-2x
fi(xo) =—1 g == -1
(xg =D
x0:1+g
& 2x5—4x,+1=0
NG
Xo=lm
=
32
Yo=2-—~

Phuong trinh ti€p tuyén tai Mg la:
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y=—x+3+242 ()
y=—x+3-242  (d,)

Truong THPT Vinh Chan - T6 : Toan - Ly

(d) quaM(a,4) = 4=-a+3+22 ca=-1+22
(d)) quaM(a,4) = 4=-a+3-22 ca=-1-242

Viy c6 2 diém M thda diéu kién clia bai todn.
M, (—1+2+/2,4); M, (-1-2+/2,4)

Caud2:
1) Khdo siat ham so:
y=x"—3x (1)
TXD: D =R
y'=3x" -3

— x=-—1
y=0 <= =l
y ’=6x

y’=0 & x=0=>y=0

=> di€m uén O(0, 0)

BBT:
x — oo _]_ + oo
¥’ + 0 — 0
¥ 2 +o
/ - \A "
- ZT
b4 thi:
Ay
. B .
'\ :
| |
I I
E 2y

p——

2

2) Chitng minh riing khi m thay ddi, dudng thing y = m(x + 1) + 2 ludn cit dd thi (1)

tai 1 di€m c6 dinh A:

* Pudng thrflng (d):y=m(x + 1)+ 2 ludn di qua di€m c6 dinh A(-1, 2).

Thay A(-1, 2) vao (1) thod =>A e db thi (1).

Vay: (d) ludn cit @ thi (1) tai diém c& dinh A(-1, 2).
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Pinh m dé (d) cit dd thi (1) tai 3 di€m A, B, C phin biét sao cho ti€p tuyén tai B va
C vudng géc v46i nhau.
Phuong trinh hoanh d9 giao di€m ctia (d) va (C):
¥-3x=m(x+1)+2
= X+1)(x*-x-2-m)=0
(d) cit (1) tai 3 di€m phan biét.
= l: x=-1
x2—x—2-m=0 (2)

= (2) ¢6 2 nghi€ém phén biét khic —1.

o9
o 1A>0 1+4(24+m)>0 - 4
g(-1)=0 m#0 m#0

Khi d6 (2) c6 2 nghiém x,,x. =>hé s0 ti€p tuyén tai B va C 1a: £(x,), £(x.)
Ti€p tuyén tai B va C vudng géc nhau = £ (x,).f(x.) = -1

= (3x;-3)3x -3)=-1

= 9x,x.-9(x, + x;)+9=-1

= 9P>-9(S*-2P)+10=0

. S:—ézl
Ma: a
P=-2-m

=>9(-2-m)’ -9(1 +4 +2m) +10=0
=> 9m2 +18m—-9=0

=>m’ +2m-1=0 & [Z;j:/\/% (loai)

So véi diéu kién: m > -% vim#-1++2.

Caud3:
x>+ 2x+m’
x+2
1) Tim gia tri cia m sao cho |y| >2 v6i moi x # -2

Cho ham s3: y=

Tacé: [y 22 oy<2vy=2

< maxy<-2vminy>-2
x<-2 x>=2

X +4x+4-m’

Ma:y’=
y (x+2)2

xl==2—m|

_ 2 _ 2:
y=0ox +4x+4-m" =0 < X2=-2+m)

(m=#0)
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u '(x )_ 52
e ST L
V (xl)
= w'(xs) (m=#0)
yCT=J=—2+2\m\
v'(xz)
Ta co:
<—
H)lcix_)é =2 | 2 2m<-2
miny <2 —2+2m|= 2
x>—2
m#0
@[mg_zvmzz oSm-2vm=2

Vay:|y|22,Vx = 2khim<-2vm>2
2) Khdo sat ham s6 véim = 1:

X +2x+1 1

= =x+
x+2 x+2

e TXD:D=R\{-2}
B x*+4x+3

(x+2)

J/':O@[x:_?,

x=-1
e Tiém cédn ding:

Xx=-2 vilimy=o

x—>-2

e Tiém can xién:

y=Xx vl lim =0
x>0 x 42
e BBT:
X —o -3 -2 -1 +oo
' + 0 - - o +
/ -4 \ +oo \ +oo
5 B 0 /
e D6 thi:
Cho x=0, y =%
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l‘/
3 ) 1 0 >
-4
Cau 44:
2_
Cho ham s8: y = — 8x (1)
8(x+m)
1) Khio sat va v& d6 thi ham s6 (1) véim = 1:
_ x> —8x
Y 8(x+1)
e TXD:D=R\{-1}
,_8x2—16x—64 _ X +2x-8
64(x+1)° 8(x+1)°
y'=0 Q[ﬁif
e Tiém cédn ding:
x=-lvilmy=o
x—-1
o Tacé:y:lx- 2 + 2
8 8 8(x+1)
e Tiém can xién:
19 ...
y=—X- — Vi1 lim =
8 8 =8 (x+1)
e BBT:
X - -4 -1 2 +om
' + o] = - 8] +
¥ -2 + oo + oo
/ \ \ ; /4
—m -0 2
e Do thi:
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2) Tim m sao cho ham s& (1) ddng bi€n trén [1, +x)

x2 —8x
Tacéd: y= 1))
8(x—m)
D =R\{-m}
. 8x2 +16mx—64m B X2 +2mx—8m
64(x+m)2 8(x+m)2

Ham s6 (1) ddng bi€n trén [1,+0) < y'> 0, Vx e [l;+w)

& x2 +2mx—8m >0, Vx e[l;+x)

<:>O<m£l
6

2
A'<0 m<~+8m<0
=4 {_m<1 = {m>1 <—1<m=<0
A'>0
A'>0 [
Hay < {x1<x2£1 af '(1)=0
§—1<O
2
|
DS: —-1l<m<—
6
Cau 45:
1) Khio sdt ham so :
y=(x+1)*(x-2) (©)

y=x -3x-2
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e TXD:D=R
y'=3x"-3
’__ x:—l
y=0 [le
y”=6X
y’=0 & x=0 =x =0 =y= -2 = di€m udn I(0, -2)
e BBT:
x —c -1 1 +c0
¥ + 0 — 0 +
v 0
Cb . e
/ \ 4 /
CT
—ca

° DSthi:ChOX= -2,y=—4
X=2,y=0

(5

2) X4c dinh k d€ dudng thing (A) qua M(2, 0) va c6 hé s6 géc k cit dd thi ham s6 sau
tai 4 di€m phan biét:

y=hf -3p-2 )
Ta cé: N =f(|x|)
Pay 1a ham s6 chdn nén d6 thi (Cl) nhan Oy lam truc d&i xitng.

b4 thi (Cl) suy tir ( C) nhu sau:
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14 (C)

- Phan ctia (C) bén phdi Oy giit nguyén, bé phin ciia (C) bén trdi Oy va 14y phan ddi
xitng ctia phan bén phdi clia (C) qua Oy.
Xét duong thing (d)) qua 2 di€m M(2, 0) va 1(0, -2)

o= YT 2

= Heé s6 goc

I x,-x, 2

Xét dudng thing (d,) qua 2 di€m M(2, 0) va A(-1, -4):
—Heé s8 goc k, =21 Va _4
x,—x, 3

Né&u (A) qua M va nim giita (d)) va (dy) thi (A) cit (C) tai 4 di€m phan biét.

:>1<k<i
3
Cau 46:
1) Khio sit va vé db thi ham so :
y_3x+1 )
x—3
e TXD:D=R\{3}
, -10
y'= ~<0
(x—3)

= Ham sd gidm trén tirng khodng xdc dinh .
e Tiém cédn ding :

x=3vilimy=o
x—3

e TCN:
y=3vi 113;)2 =3
e BBT:
X —o 5 +oo
}r} —_ —_
¥ 3 +eo

\_m \
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e Piém dic biét:

(&)

2) Tim ham s6 ma db thi clia n6 d6i xing cia (C) qua dudng thingx +y — 3 =0.
Goi I 1a giao diém clia hai dudng tiém cin cia (C) = I(3, 3)
Goi(A):x+y-3=0
Ta c6: 1 va O d6i xitng qua (A).
D4i truc bing tinh ti€n theo vectd OI = (3,3)
x=X+3

{y =Y +3

Thay vao phuong trinh cia (C):

Y+3:3X+10 - Y:Q
X

Ta cé6:
TCD ctia (C) d6i xing qua (A) 1a truc Ox.
TCN ctia (C) d6i xing qua (A) 1a truc Oy.
= Hai Pudng tiém cin cta (C;) d6i xiing cia (C) qua (A) 1a 2 truc Ox, Oy nén phudng
trinh cda (C)) 1a :
10

—
3) C(a,b) 12 1 di€m tuy y trén (C). Ti€p tuyén tai C cit 2 dudng tiém cin tai A va B.
Chitng minh riing C 12 trung di€m cda AB va dién tich ATABkhdng d6i.
Ta c¢6 do6i v6i hé truc mdi:

y=10 C) = y=-10
X

XZ
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10
Ca,b)eC < b=—
a
Ti€p tuyén tai C c6 phuong trinh:
' .10
Y=fX)X-X)+Y & Y'=-F(X-a)+h

a

= Y:—QX+&+E
a2 a a

= Y:—QX+§
a2 a

e L , 20
Ti€p tuyén cit TCPtaiA = 4 |0, -

Ti€p tuyén cit TCN tai B
— B (2a, 0)
X, +X
A "B __  _
> —a—XC
at?p _10_y
2 a C

= CIa trung di€m AB

S

Viay: C 1a trung di€ém doan AB va Sixp = 20 (khong dsi).

o=l oo

Caou 47:

Choham s6: y =x*— 4x* + m (C)
1) Khio sat hAm s6 v6i m = 3:
y=x'—4x>+3

e TCB:D=R
y'=4x> —8x=4x(x* -2)
' x=0
y =0 Q{x:i\@
y"=12x" -8

2 7
"=0 ox=t/- =Dy=—
g \E g
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- R ~
Pi€m uon: [_

W | N
NN RN
N—
7~ N\
w | N
NN RN
N—

e BBT:

[ )
=
=

+Co

o 2
0

t+ g - ] +
+CDH 3 \ /+CD
\ . / 3

e D0 thi (hoc sinh hay ty vé&)

x=x=l1

x=23

2) Gi4 st (C) cit Ox tai 4 diém phan biét. Xac dinh m sao cho dién tich hinh phiang gigi
han bdi (C) va truc Ox c6 dién tich phia trén va phia dugi Ox bing nhau.

(C) cdt Ox tai 4 di€ém phanbiét < x* —4x> +m=0 (1)

Cho y=0 :{

6 4 nghiém phan biet < > —4t+m=0 (2)
(v6i £ =x> >0) c6 2 nghiém phan biét.

A'=0 4—-m>0
= P>0 < m>0 & O0<m<4
S>0 4>0
¥
S

VA A7

Khi d6, do tinh d6i xitng, theo dé baitacé : S; = S,.
a b

N j F(x)dx = j — f(x)dx

0

a

& F(a)-F(0)=—F(b)+ F(a)
& F(b)=F(0)
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ma
5 3
F(x):x——4i+mx
5 3
5 3
=22 b =0
5 3
4 2
:b——ﬂ+m=0 (b#0) 1
5 3
Ma diém

b,0 € (C) < b —4b>+m=0 (2)

< m=4b* -b*

Thay vao (1)
b*  4b?

= +4b* - b =0
5 3
2 4
8 4 4 o p 0 40 100 20
3 5 3 3 9 9
20
Vay m=—
Ay 5
CAU 48:

Cho ham s0 : yz%x3 Cmx? —x+m+1

1) Khdo sat va vé& dd thi ham s trng v6i m = 0
y=%x3 —x+1 (C)

e TXP:D=R

y'=x2—1

x=-1
y'=0 < {

x=1
y"=2x

y'=0 & x=0 = y=1I
diém udn I1(0, 1)

e BBT:
X | —oo -1 1 +oo
¥ + o - 0 +
b
¥ 5
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2) Tim ti€p tuyén ctia (C) c6 hé s6 géc nhd nhat
13

Tacc’):yzgx —x+1
y'=x2—1
y"=2x
BXD:
x| - 0] +on
¥ 0 +

= miny'=-1taix=0,y=1=10,1)
R

Vay : Hé sd géc cla ti€p tuyén tai di€m udn I 12 nhd nhat.
Phuong trinh ti€p tuyén tai [ 1a:
2

y'=x"-2mx-1
y'=0 < 2 2mx—1=0 Q)]
A':m2+1>0 ,Vm = (1) c6 hai nghi€ém phan biét.

= Ham lu6n luén c6 CB, CT.
- Tim m sao cho khodng céch giita di€ém CP va diém CT la nhd nhat.
Goi M (X1, y1) va My(X,, y,) 1a di€m CP va CT ciia d6 thi, ta c6:

Mle2 :(Xz_xl)z +(Y2_Y1)2
Pé& tim V1, Y2 ta chia f(x) cho f ’(x) :

(1 1Y 2, 5 2

y="1f (x).(gx—gm)—g(m +1)x+§m+1

Vif’(x1)=0,f’(x,)=0
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= ¥ =_?2(m2+1)x1+§m+1
-2 2
Y :?(m2+1)x2+§m+1
4
= Mle2 :(xz_xl)z +§(m2+12)(x2 _xl)z
214, 2 2
=(x, —x}) [g(m +1) +1}
a 9
) , 52 ..
= min M, M, :? khim=0

23

= min M, M, = T3 khi m = 0

Caud9:
1. Kh3o st va vé dd thi ham so :
y=x>-6x*4+9x (C)
e TXP: D=R
y'=3x* —12x+9

. x=1
yzO@LZ3
y'=6x—-12

y'=0e x=2=y=2=di€m udn (2,2)

e BBT:
X - o q 3 + 20
Y “ o — o +
a .. +
Iy / \ ,//
——— o

Xy

2.a.Tlr d6 thi (C) hay suy ra d6 thi (C,) cia ham s0 :

Y =|x|3 —-6x° +9|x|
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Taco: y, =|)c|3 —6|x|2 +9|x| =y = f(|x|)

Py 13 ham s8 chin nén dd thi (C,) nhan Oy lam truc ddi xing

<V

©)

Do dé dé thi (C,) suy tir (C) nhu sau :
-Phin cia (C) bén phdi truc Oy giif nguyén
-Bd phan cda (C) bén trdi Oy va 1y phan ddi xitng ctia phan bén phai cia (C) qua truc
Oy.
b.Bién luin theo m s6 nghiém clia phuong trinh :
|x|3 —6x° +9|x|—3+m =0
= |)c|3 —6x° +9|x| =3-m

DAy 1a phuong trinh hoanh d6 giao diém ctia (C,) va dudngthingd:y=3-m.S&
giao di€m cta (C,) va d1a sd nghiém clia phuong trinh .
Bién luin :

3-m<0< m>3:v6 nghiém

3-m=0< m=3:3nghiém

0<3-m<4<-1<m<3:6nghi€ém

3-m=4< m=-1:4nghiém

3-m>4 < m<—1:2nghiém
Cau 50:
Choham s6 :y = (m + 2)x’ + 3x° + mx — 5
1) V6i gid tri nao clia m thi ham s6 ¢6 CP, CT:
Ta c6: y’ =3(m+2)x" +6X +m

y=0 < 3m+2)x*+6x+m=0 (1)

Ham s6 ¢6 CD, CT <> (1) ¢6 2 nghiém phan biét

m+2#0 m#-2
= =
A'>0 9-3m(m+2)>0

m#—2 {m¢—2
& ) &
—3m~—6m+9>0 -3<m<l1
Vay ham s6 c6 CP, CT khi:
-3<m<1 va m#-2
2) Khdo sdt ham s6 ¢ng véim =0
y=2x3+3x2—5 (©)
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e TXD: D=R

y'=6x2+6x
=0
y'=0c>{x
x=-1
y"=12x+6
. 9 o - I 9
y'=0x=-—=>y=-—— =diémudn | ——,— =
2 22
e BBT:
X | - -1 1 T
:’I: A D s |:| +
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Y0

X

3) Chitng minh riing tir diém A(1, -4) c6 3 ti€p tuyé&n vdi dd thi (C) : Pudng thang (d) qua
A c6 hé s géc k ¢6 phuong trinh:

y=k(x-1)—-4
2% +3x% —=5=k(x-1)-4 (1)
6x* +6x =k (2)

7z

(d) ti€p xuc véi (C) <:>{ c6 nghiém.

Thay (2) vao (1)
2x° +3x% =5 =(6x +6x)(x—1)—4
&2 +3x% —5=6x> —6x* +6x> —6x—4
<4x® =3x? —6x+1=0 (3)
x=-1
Sx+)Ex* -Tx+) =0 < 7433
Y=
8

(3) ¢6 3 nghiém thay vao (2) = 3 gid trik
Vay : Tt A(1, -4) ¢6 3 ti€p tuyén véi d6 thi (C)

CAU 51:
1) Cho ham s0: y=x’-3(a—1)x" +3a(a—2)x+1
a) Kh3o sit va vé dd thi ham s khi a=0

y=x3+3x2+l
D=R
y':3x2+6x:3x(x+2)
V=0 o {x:O

x=-2
y"=6x+6

y"'=0 & x=-1 =>y=3
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— Piém uén (-1, 3)

e BBT:
e N -2 a +oo
y' + g T 0 +
5 /+m
¥
_m/ i
e D6 thi:
Cho
x=l=y=5
x=-3=>y=1
2 X
al
Bl

b) V4i gid tri ndo clia a thi ham s6 don bi€n véi 1<|x[<2
Ta c6:
y=x3—3(a—l)x2+3a(a—2)x+l
y'=3x2—6(a—l)x+3a(a—2)
Ham s6 dong bi€n v6i 1<|x|<2
< y'20 v6i 1<|x|<2
2

o x“-2(a-1)x+a(a-2)20 v6i: 2<x<-1 v 1<x<2
BXD:
% | e a2 a +oo
v + 0 o+

y'20 vl 2<x<-1 v 1<x<2
= -1<a-2 va<l

az>lv all <aell

Vay ham s§ dong bi€n trong 1<|x|<2 v6imoi aell
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2) Tim m d€ dd thi y=x*-3x+2+3 ¢6 3 di€m cuc tri.
X

m

2
X

Ham s6 ¢6 3 cyc tri < y’=0 c6 3 nghiém phan biét.
2

Taco: y'=2x-3-

= 2x3 —3x
Xét ham so g(x)=2x

—m=0 c6 3 nghi€m phan biét.

3—3)62—m

2—6x

x=0 :>ycd:—m

= g'(x)=6x

g'(x)=0<:>|:

g(x) =0 c6 3 nghi€m phan biét SVoqVos < 0

x=1 :>yCT:—(m+l)

om(m+1)<0 < —-1<m<0

Vay dd thi c6 3 di€m cyc tri khi: -1<m <0
Chia f(x) cho f’(x) ta dugc phuong trinh dudng cong chita 3 diém cuc tri:

1 3 3 3 m 3 m
=f"' — X |t—t—— =
Y f(x)(zx 4) 4 2% 42
Toa d6 cic di€ém cuc tri thda hé:
m
f()C)ZO 2x_3—x—2 (1)
&
y=%+%-ﬂ—%-% 3. 3m 3 m (2)
X o4y YT T2

Kh m ta c6:
m

2

=2x-3 = 2 =2x"-3x
2 x
X
Thay vao (2) ta dudc :
3 3(,2 ) 3
=2+ 2(2x% -3x|-2(2x-3
7y 2(x x)=5(2=3)
c>y=3x2—6x+3
c>y=3(x—l)2
Vay 3 di€m cyc tri § trén dudng cong c¢6 phuong trinh:
y=3(x—1)2
Cau 52:
) NP . x2+x—1 1
l)Khaose’ltva‘lvédﬁth;ha‘lmsé:y=—1=x+2+—1
X— X—

e TXDP:D=R\{l}
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yh_x2—2x
(x=1)°
X =
y'=0c>{ B

¢ Tiémcanding:x=1vilimy=o

x—1

. A i < 1 1
e Tiémcanxi€n:y=x+2vi lim——=0

x—0 X—1
e BBT:
X | —-co 1] 2 +Eo
¥ + 0O .
+oo
y| 7 ! T
-0 —co
e D06 Thi:
F
Y

I
7T

2) Ching minh ring tich cdc khodng cdch tr 1 diém bat ki trén (C) tGi hai tiém cin cla
(C) 1a 1 s6 khong ddi.

Goi M(a, b) € (C) @b=a+2+L1
a_

TCb:x-1=0
TCX :y—-x-2=0
”b—a—ﬂ

V2

1 1 2.
= -l O O
|a 1|\/§|a_1| > (khong doi)

Ta c6: d(M, TCD). dM, TCX) = |a -1

Cau 53:
1) Khio sat ham s& : y = 2x° + 3x> - 12x — 1 (C)
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e TXP:D=R
Y =6x*+6x—12

0 x=1
= P
Y X=-2
y'=12x+6
"—0c>x——l:> —E
Y 2 77T
2 » 1 11
= di€émudn | ——, —
22
e BBT:
X | -eo -2 1 o
¥ + o - 0 +
19 4o
(aes]
¥ / \\—8//
-0 CT
e Diém ditbiét:
7
X=——,y=-8
5 y
5
x=—,y=19
> y
ol
i
=
1971_ __
Py-112 |
o))
U
[ J -
-zl |5
= i T4 = =
=

2) Tim di€m M thudc (C) sao cho ti€p tuyén ciia (C) tai M di qua O. Pudng thing (d) di
qua O va c6 hé s6 géc k c6 phuong trinh:

y = kx
. 2x°+3x-12x-1=k 1
(d) ti€p xdc (C) <77 7% T F * O 6 nghiem.
6x°+6x—12=k (2)

Thay (2) vao (1) :
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2x3+3x2-12x-1=(6x*+6x—12)x
< 2x°+3x7 - 12x-1=6x>+6x*—12x
< 4x3+3x%+1=0
o x+1)@x*—x+1)=0
x=-1 = y=12
4x>—x+1=( fv?

Vay toa do ti€p di€ém M 1a: M(-1, 12).

AN

Cau 54:
X2+(m—2)x+m+1

Chohamsé: y=
x+1

1) Kho sit va vé dd thi ham s& khi m = 2:
X34 (©)
x+1 x+1

e TXD:D=R\(-1}

_x2+2x—3

T (x+1)

‘0 x=1
=0
Y X =-3
e Tiém cédn ding:

Xx=-1Vvi limy=ow
X—>-1

e Tiém can xién:

y=x—-1wvi lim—4 =0

x—0 X+ 1
e BBT:
X| -0 -3 -1 1 +oo
¥’ + 0 - - 0+
—f + oo +oo
¥ _m’_// \\\_‘m \glﬂ
e Do thi:
Cho x=0, y=3
x=-2,y=-7
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N

2) Tim m trén d6 thi ¢6 2 di€m A, B sao cho :
5xa—ya +3=0, S5xg—yg+3=0
Tac6: A, Be(d):5x-y+3=0 < y=5x+3
Phuong trinh hoanh d¢ giao di€m ctia (Cy,) va (d) :
x2+(m—2)x+m+1
x+1

=5x+3

o X2+ (m=-2)x+m+1=(5x+3)(x+1)
< 4xP—-(m-10)x+2-m=0
A=(m—-10)* —16(2 - m) =m* —4m+ 68 >0,Vm
Vay (d’) ludn ludn cit (C,) tai 2 di€ém A, B v6i moi m.
- Tim m d€ 2 diém A, B ddi xting vdi nhau qua dudng thing (d) : x + 5y +9=0
Ta co: (d) L (d).
Toa dd trung di€m I ctia AB:
_Xytxp m—10
2 8
5(m=10) ,_ 5m—-26
8 8
A va B d6i xtiing nhau qua (d) <1 € (d)
m=10 5(5m=26)
8 8

S

(:)26m—68=0(:}m=§=ﬁ

26 13
34

Vay : m=—

dy - m 3

Cau 55:

1) Khdo sithams6: y=x"—2x"+x (C)

e TXP:D=R
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y'=3X2—4X+1
X:
y=0< 1
X =—
3
y'=6x—-4
2 2 2 ~ 2 2
y"=0C>X:—:>y:_:> di€m udn o=
3 27 3°27
e BBT:
4
X | -eo 3 1 Hed
¥ * 0 - '
i + 0
¥ /
P 7T~ " 7

e Piém dic biét:

Chox=0,y=0
N
377 7
¢4
4
R \
0 1 a 1
3 3

2) Tim dién tich gigi han bdi (C) va dudng thing y = 4x.
Phuong trinh hoanh d¢ giao di€m :
xX*=2x%+x =4x
o x°-2x*-3x=0

< x(x?-2x-3)=0

x=0
S lx=-1
x=3

Dién tich hinh phing cho bdi:
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0 3 2 3 3 2
S=1X=-2x"+x-4x)d x+[(4x—x"+2x"—x)d X
-1 0

Cau 56:
2x2-3x+m

Chohamsd : y=
2x+1

. sz . N 2 N N ~ . A ? 1
a) Vi gid tri nao cua m thi ham s6 nghich bi€n trong khoang [—5,4- Ooj'

—4x*—4x-3-2m
(2x+1)?

Tacod: y=
N ~ . N 1 ' 1
Ham s6 nghich bi€n trong : —5,+oo & y'<0,Vxe —E,+oo

& —4x*—4x-3-2m so,Axe(—%,+oo)

SA' <0< 4-43+2m) <0

S m> -1
b) Kh3o sat ham sd khim =1
—2x*-3x+1
Y=

2x+1
1

e TXD:D =R\ {—5}
__—4x2—4x—5
2 x+1)°
= Ham s6 nghich bi€n trong tirng khodng xac dinh.
e Tiém cédn ding:

'

1
<0,Vx #—
Y 2

|
X=—— vi lim y=o
2 x>—L
2

Taco: y=—x—-1+
2x+1

e Tiém cin xién :

y=—x—1 vi lim 2 =0
x—0 2x+1

e BBT:

http://book.key.to 77




Cu DPitc Hoa Truong THPT Vinh Chan - T6 : Toan - Ly

—1
X | —oo 2 +oo
3’ — -
+oo +co
¥ \m \__m

o Diém dit biét:

1
x |2 -1 2 0 1

1 _4
¥13 -2 H 1 3

¥

Cau 57:
Cho ham s6'y = mx’ — 3mx” + 2(m — 1)x + 2
1) Tim nhitng di€m ¢ dinh ma moi dudng cong cia ho trén déu di qua.
Ta c6 thé vit : m(x’ = 3x* +2x) +2-2x—y=0 (1)
DPiém cd dinh A(x, y) thod (1), Vm.
{x3—3x2+ 2x=0 {x(x2—3x+ 2)=0
= =

2-2x-y=0 y=-2x+2
x=0,y=2

ix=1,y=0
x=2,y=-2

Vay ho dudng cong ludn di qua 3 diém cd dinh :

A(0, 2), B(1,0),C(2, -2)
2) Chitng té ring nhitng diém cd dinh d6 thing hang. Tir d6 suy ra ho dudng cong c6 1
tam doi xitng.
Toa d6 3 di€m A, B, C thod phuong trinh y = —2x + 2 nén 3 di€m A, B, C thing hang vi
A va C d6i xtiing qua B nén ho dudng cong c¢6 chung 1 tAm doi xitng 12 B(1, 0).
3) Khdo sdt va vé d6 thi ham s6 ¢ng véim = 1:
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y=x'-3x"+2  (C)

-TXPb:D=R
y'=3x2—6x
y':O@{XZO
x=2
y'=6x-06
V=0 x=1=y=0 = diémudn (1, 0)
-BBT
X | —oo 0 2 +co
¥ + 0 - 0 +
2 +CD
¥ _m/l, \_2/’,
-Pd thi:
Chox=-1,y=-2
x=3,y=2
Y
(<
3
o b
X

4) Vi€t phuong trinh ti€p tuyén vé6i (C) tai di€m udn va chitng td ring trong cic ti€p
tuyén ctlia (C) thi ti€p tuyén nay c6 hé sd géc nhd nhat.
Ta c6 diém udn I(1, 0) = phuong trinh ti€p tuyén cta (C) tai I:
y=f(1).x-1) & y=-3(x-1)
Sy=-3x+3
Ta c6 hé sd géc céc ti€p tuyén la:

y’=3x* - 6x
= y=6x-06
y’'=0 & x=1
BXb:
x| —co 1 4o
¥ — 0 +
v
\‘_3 //,/v
=>miny = -3taix=1

A A ~ z [ ~ . g A A
Vay hé s6 gbc cua ti€p tuyén tai di€ém udén I nhd nhat.
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5) Tinh dién tich hinh phing gigi han bdi (C) ti€p tuyén tai di€m udn va truc Oy.
Dién tich hinh phing 12 :

1 4 2 !
3x
S=[[(-3x+3)-*-3x2+2) |[dx =| -2+ x*- 22+
.([[( x+3)—(x X )] X { 1 X 5 X

=S =% (dvdt)

Cau 58:

Cho ham s6 y = x” - 3mx” + 3(m* — 1)x + 2

1) Khio sit va vé dd thi haim s6 khi m = 1
y=x"—3x>+2

-TXP:D=R
y'=3x2—6x
_0o x=0
v Xx=2
y'=6x-6
y'=0< x=1= y=0= diém udn (1, 0)
- BBT:
x| -eo 0] 3 +eo
¥ + o — 0 +
5 +oo
¥ _m/ \_2///
- D6 Thi:

2) Tim m d€ dd thi ham s6 da cho c¢6 di€m CP va diém CT ddng thdi cic diém CP va
di€m CT niim vé 2 phia ddi véi truc tung.
Taco:y= x> — 3mx* +3(m* - Dx +2
y = 3x% — 6mx +3(m* - 1)
y=0ox"-2mx+m°—1=0 (1)
Ham s6 c6 di€m CP va diém CT & hai bén Oy
<> (1) ¢6 hai nghi€ém x,, x, sao cho : x; <0 < x,
& P<0em-1<0 e -l<m<l1

http://book.key.to 80




Cu DPitc Hoa Truong THPT Vinh Chan - T6 : Toan - Ly

Viy-l<m< 1.
Cau 59:
1) Khdo sit va vé db thi ham so:
2
e TXD:D=R\{1}
,_x2+2x—3
Cx+ D)
L x=1
y —O@LZ_3

e Tiém cén ding:
x=-1vilimy=o0
x——1
, 4
Tacd: y=x—1+——
x+1
e Tiém can xién:

y=x-1wvi limi:O

x—0 X+ |
e BBT:
¥ | —m -3 -1 1 +oo
+ 0 - - 0O +
—A +oo T 4o
.--"""H
—m [:Ehhxtm Tk 3 T
e Do thi

Chox=0=>y=3
x=-2=>y=-7
e Do thi:
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2) Vi€t phuong trinh dudng thing (d) di qua diém M(Z,%) sao cho (d) cit do thi

ham s6 (1) tai hai di€ém A, B va M 1a trung di€m AB.
Pudng thing (d) qua M(2,%) va c6 hé sb goc k:

2
=k(x-2)+—
y =k(x=2) 5
Phuong trinh hoanh dé giao di€m ctia (1) va (d):
x*+3 2
=k(x=2)+—
x+1 5

o 52 43)x% =5k(x=2)(x+ 1) +2(x+1) x#0
< 5(1-k)x*+(5k —2)x+10k +13 =0
Pudng thing (d) cit dd thi (1) tai 2 di€m A, B sao cho M 12 trung diém ctia AB.
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=<1A>0

XA+ Xg =2Xy

k=1
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& 1A =(5k=2)* —20(1-k)10k +13) > 0

2 -5k 4
51-k)

k=1

k=~
5

= IA=47 —20(—3(25)>0c>k:%

Vay phuong trinh dudng thang (d) 1a:

6 2
= —(x=2)+=
y 5( ) 5

Sy=—x-2

Cau 60:

Cho ham s6: y = x*—3x*+m* x+m

1) Kho sat va vé do thi hAim s8 tng véim = 0.

y=x3—3x2
e TXD:D=R
y’ =3x% 6x
' x=0
y=0c>L:2
y’=6x-06

y'=0=>x=1=>y=-2
= diém uén I(1, -2)

e BBT:
X |-00 0 2 + a0
' + 0 - o +
0 + o0

e Do thi:
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2) Tim m d€ ham s6 ¢6 cuc dai, cuc ti€u va ciac di€ém CP va CT ddi xing nhau
qua dudng thing y = %x—%
Tacé:y=x"-3x"+mx +m
y'=3x"- 6x + m’
y'=0<:>3x2-6x+m2=0 (1)
Ham s6 ¢6 cuc dai, cuc ti€u < (1) ¢ hai nghiém phan biét.
SN >09-3m*>0
& —/3<m< \5
Goi M (X1, Y1), Ma(X2, y») 1a di€m CP, diém CT ciia dd thi.
M,, M, ddi xitng qua (d): y = %x—%
Trung di€m I cda M;M, € (d)
MM, L (d)
- Chia f(x) cho f’(x) ta dugc phuong trinh dudng thing M ;M,:
2

1 1 2 1
=fX)| =x—= |+|—-m -2 |[x+—m"+m
g ()(3 3) (3 ) 3

= (M1 M2)2y=[§m2—2jx+%m2+m
- Trung di€m I cia MM, la di€m udn cda do thi:
Tacd:y’=6x-06

y=0ox=1=y=m’+m-2=11,m* + m-2)
Ta c6:
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m=0 m=0
5 = <&m=0
m°+m=0 m=0vm=-1

So véi diéu kién: —/3 <m <+/3 nhan m = 0.

PS:m=0
Caué6l:
1) Khio sit va vé dd thi ham so:
2
—Xx“+x+1
y=——-— ©)
x—1
e TXD:D=R\{1}
— 2 p—
y' — M < O’ VX ¢1

(x=1)°
— Ham sd gidm trong ti'ng khodng x4c dinh.
e Tiém cédn ding:

Xx=1vilimy=o
x—1

- x 1
Chia tu cho mau: y = —x+—l
X_

e Tiém can xién:

Taco:y=-xvi limL

x—wo X—1
e BBT:
X -0 1 +Co0)
y - -
_ o) e

e DO thi

X‘—l o 1 2

I
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2) Chitng minh ring V dudng thing y = m cit (C) tai 2 di€ém phan biét A, B. Xic
dinh m d€ d6 dai doan AB ngin nhat.
Phuong trinh hoanh d¢ giao di€m:
—x*+x+1
Cox-1l
o -x’+x+1=mx-m
o XX+ (m-1)x-m-1=0
A =(m—-1)> + 4(m+1) =m’+2m+5
=(m+1)*+4>0, Vm
= Pudng thing (d) cit (C) tai 2 di€m phan biét A, B, Vm.
Ta c6:
AB? = (x,-x))* +(y,-¥2)? = (x,=x))* +0
= x§+ )(12—2)(1 X,

= S§%.2P-2P=S’-4P

= AB? = (-m+1)* +4(m+1) =m’+2m+5

= =(m+1)" +
AB? )? +4

= AB=4/(m+1)’ +4

— Min(A B) = 2 khi m+1=0 < m=-1

Cau 62:

1) Khdo sit sy bién thién va vé dd thi ham so:

2
X

Y= ©

e TXD:D=R\{1}
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,_x2—2x
Ty
y':Oc:{X:O

x=2

e Tiém cén ding:

x=1vilimy=ow
x—1

Ta c6: y:x+1+L
x—1

e Tiém can xién:

y=x+1vi limLzo

x—o X—1
e BBT:
X |- 0 1 2 4o
y + 0 - - 0 4
y 0 40 +o
e Do thi:
T ©

2) Tim trén dudng thing y = 4 tit ¢4 cdc diém ma tir mdi di€ém d6 c6 thé ké t6i
(C) 2 ti€p tuyén lap v6i nhau 1 géc 45°.

- Goi M(a, 4) e dudng thing y =4, ta c6 dudng thing y =4 1 ti€p tuyén ké tr M
dén (C) va song song Ox = ti€p tuyén th hai tao vdi Ox 1 géc biing + 45°

= Heé s6 gdc ti€p tuyén tai My(xo, Yo) € (C) 12 £ (x¢) == 1
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2
_2
P(xg) =1 0“0 -1 (v nghi¢m)
XO_
2
_2
P(xg) = -1 020
(xg =D
Xq :1+£
S 2x5—4x,+1=0
=
32
Yo=2-——

Phuong trinh ti€p tuyén tai M, 1a:
y =—(X+X¢)+Y
y=—x+3+242 ()
y=—x+3-242  (d,)
(d) quaM(a,4) = 4=-a+3+22 ca=-1+22
(d) quaM(a,4) = 4=-a+3-22 ca=-1-2\2
Viy c6 2 diém M thda diéu kién ctlia bai todn.
M, (—1+24/2,4); M, (—-1-24/2,4)
CAU 63:
Cho ham s§ y=2x"+3(m-3)x* +11-3m (C,)

1. Cho m=2. Tim phudng trinh cidc dudng thing qua A(%A) va ti€p xiic véi (Cy).

Vi m=2: y=2x> —3x% +5 (C,).
Pudng thing (d) qua A va c6 hé sd géc k:
19
=k(x——)+4
y=k(x ) 2)

2x3 — 3x2

. +5=k(x—g)+4 1
(d) ti€p xtic (Cy) & 12

6x% —6x =k )
c6 nghiém.

Thay (2) vao (1):
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23 23x2 15 = (6x2 —6x)(x—%)+4
& 8x° —25x% +19x—2=0
& (x=1)8x% ~17x+2)=0
x=1<k=0
Sl lx=2<k=12
leCDkz—zl
78 32
Vay phuong trinh dudng thing qua A va ti€p xiic v6i (C,) 1a:
21 645
=4 hay y=12x - 15 hayy=——x+—
y=4 hay y Yr=-3"" 108

2. Tim m d€ ham s6 ¢6 2 cuc tri.
Ta Cé:y=2x3+3(m—3)x2+ll—3m
» = 6x% +6(m-3)
=0 6x2 +6(m=3)=0 (1)

x=0
1 < {
x=3-m
Ham s ¢6 2 cyc tri < (1) c6 2 nghiém phan biét
om-3#0m#3.
Tim m d€ 2 di€m cuc tri M;, M, va B(0, -1) thing hang.
Pé€ tim phuong trinh dudng thing qua 2 diém cyc tri M;, M, ta chia f(x) cho f'(x):
' 1
fx)=f (x)(§x+

m-3

j—(m—3)2x+11—3m

Suy ra phuong trinh dudng thing MM, la:
y=—(m=-3)?x+11-3m
M,, M,, B thing hing < Be MM,
< -1=11-3m &m=4
So vdi di€u kién m# 3 nhan m= 4
bS:m=4
Cau 64:

1) a. Khio st va v& dd thi ham so- y :%x3 —x+§ ()

e TXP:D=R
yv:x2_1
x=-1
y=0c>{
x=1
y||:2x
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- N A 2
y"=0<:>x=0:>y=§:>1-)1emuon [O,—)

3
e BBT:
x [—0D -1 1 +0o0
' ¥ 0 — o+
¥ 4
3 CT o0
e D6 thi:
Cho x=-2,y=0
4
x=2,y=—
Y73

b. Tim diém trén (C) tai d6 ti€p tuyé&n vudng goc vdi dudng thing
1 2
_ 12
y=-3%+3 (d)
Goi M, (x,.y,) €(C) = hé s& géc ti€p tuyén tai M, 1a: f'(x,)=x5 —1
i . N . 1
Tiép tuyén tai M, vuoéng goc (d) < f'(x,) = T
d
ox-1=3x =4 x, =12
Xo=2=y, = g

X,="2=y,=0

Vay c6 2 diém M: M,(-2,0) v M, (2,%)

1
2) I:I(l—x—xz)z.dx
0
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(1+x% +x* —2x—=2x* +2x%)dx

=[(x*+2x> —x* =2x+Ddx
:x—5+lx4—£—x2+xl

5 2 3 0

5 2 3 30
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