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asin’u +bsinucosu +ccos’u =d

Cédch gidi :

¢ Tim nghiém u = g +kn(lac d6 cosu =0 va sinu = +1)

e Chia hai v& phuong trinh cho cos®u # 0 ta duge phuong trinh :
atg®u + btgu + ¢ = d(l + tg2u)

bit t = tgu ta c6 phudng trinh :

(a-d)t* +bt+c-d=0

Gidi phuong trinh tim dudgc t = tgu

Bai 127 : Gidi phuong trinh
cos’ x —/3sin 2x = 1 + sin® x (*¥)

Vi cosx = 0 kh6ng 1a nghi€ém nén

Chia hai v€ clia (*) cho cos® # 0 ta dudc
(*) & 1-2/3tgx = (1 + tgzx) +tg’x
bat t=tgx ta cé phuong trinh :

2t + 2/3t = 0

St=0vt=—/3

Viy (¥) < tgx = Ohay tgx =-J3 o x:knhayx=—§+kn,k el

Bai 128 : Gidi phuong trinh
cos’x —4sin’ x — 3cosxsin’ x + sinx = 0(*)

e Khi x :g+kn thi cosx =0va sinx =+1

thi (*) v6 nghi€ém
e Do cosx =0 kh6ng 12 nghiém nén chia hai v€ cia (*) cho cos’x
tacé (*¥) o 1-4tg’x — 3tg’x + tgx(l + tg2x) =0
< 3tg’x + 3tg’x —tgx-1=0
& (tgx+1)(3tg’x—1) =0
J3

<:>tgx=—1vtgx=i?

<:>X:—E+knvx:i£+kn,keﬂ
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Bai 129 : Gidi phuong trinh
3cos? x —4sin?xcos® x + sin* x = 0(*)

Do cosx = 0 khong 13 nghiém nén chia hai vé& ctia (*) cho cos*x # 0
Tacé : (¥) & 3-4tg’x +tg'x =0
S tg?fx=1vtg’x=3

S tgx=+1= tg(i%jvtgx = tg(igj

<:>x:i£+knvx:i +kmk el

wla

Bai 130 : Gidi phuong trinh sin 2x + 2tgx = 3(*)

Chia hai v€ ctia (*) cho cos®x # 0 ta dugc
2sinxcosx  2tgx 3

QRS i

cos? x cos’x cos’x
o 2tgx + Ztgx(l + tgzx) = 3(1 + tgzx)

t =tgx
=
2t -3t +4t-3=0

t =tgx
Tle-1)(20 -t +3)=0
Stgx=1

<:>X:§+kn,keD

Bai 131 : Gidi phuong trinh
sin x sin 2x + sin 3x = 6 cos® x (*)

(*) < 2sin® x cosx + 3sinx — 4sin’ x = 6.cos’ x

eKhi cosx =0 ( sinx =+1) thi (*) v6 nghiém

e Chia hai v& phuong trinh (*) cho cos® x # Ota dugc
2sin’x  3sinx 1 sin® x

(*) < + -4 =6

cos’x  cosx cos’x  cos’x
& 2tg”x + 3tgx (1 + tg’x) - 4tg°x = 6

o tgPx - 2tg?x - 3tgx+6=0
< (tgx - 2)(tg2x - 3) =0
<:>tgx=2:tgavtgx:i\/§

<:>x=0t+knvx=ig+kn,keﬂ (V61 tga = 2)




Bai 132 : (D¢ thi tuyén sinh Pai hoc khdi A, nim 2003)
Gidi phuong trinh
cos 2x

cotgx —1= +sin2x—%sin2x(*)

1+tgx

Piéu kién sin2x # 0 va tgx # -1

cos2x cos’x —sin®x  COS X(0032 x —sin’ X)
1+tgx 1+Si11X - cosX + sinx

cos X
=cosx(cosx —sinx) (do tgx =-1 nén, sinx + cosx # 0)

Ta c6 :

Do d6 : (*) & cosx

) ) 1.
- —1=(cos2x—s1nxcosx)+sm2x——sm2x
sin X 2
COSX —sin X .
—————=1-sin2x
sin x

. . . 2
& (cosx —sin x) = sin x(cos X — sin x)
<> cosx—-sinx=0 hay 1= sinx(cosx - sinx) (%)
tgx = 1(nhan so véi tgx = —1)

A 1  sinx

- —tg’x (do cosx = 0)
lcos®’x  cosx

x:£+kn,keD

| 2tg®x —tgx +1=0(vd nghiém)
<:>x=§+kn, k el (nhan do sin2x # 0)
Luu y : c6 th€ lam cdch khdc

(**) =1 —%sin2x +%(1 — 08 2x) =0

< 3 = sin 2x + cos 2x

< 3=+/2sin (2x + Ej : v0 nghiém

Bai 133 : Gidi phuong trinh sin 3x + cos 3x + 2cosx = 0(*)

(*) < (3sinx—4sin3 x)+(4c053x—300sx)+2cosx =0

< 3sinx —4sin®x + 4cos’ x —cosx = 0

Vi cosx = 0 khong 14 nghiém nén chia hai vé phuong trinh cho cos®x # Ota
dugc

(*) < Stgx(l + tg2x) —4tg’x + 4 — (1 + tgzx) =0




o -tg’x —tg®x + 3tgx +3=0
t = tgx
S
t°+t*-3t-3=0
t =tgx
S
(t+1)(t*-3)=0
@tgx:—lvtgx:i\/g

c>x=—g+knvx=ig+kn,keﬂ
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Bai 134 : Gidi phuong trinh 6sinx — 2cos®x =

2 cos 2x

Piéu kién : cos2x # 0 < cos’x —sin’x # 0 & tgx # +1

. 3 10sin 2x cos 2x cos X
) 6sinx — 2cos” X =
Tacé : (¥) 2co0s 2x
cos2x =0

6sinx — 2cos® x = 5sin 2x cos x
tgx # 1
6sinx — 2cos’ x = 10sin x cos” x (* ¥)
tgx = +1
Do cosx = 0 khong 12 nghiém cda (**), chia hai v€ phuong trinh (**) cho
cos® X ta dudc
6tgx
(**) < {cos’x
tgx # £1
t=tgx v6it =+l
= 2
6t(1+t*)-2=10t

{t=tgx v6i t = +1 {t=tgx v6i t = +1
=

-2 =10tgx

=
3t°-2t-1=0 t-1D@Bt>+3t+1)=0
{t:tgx Vit =+l A
to1 : vO nghiém

Bai 135 : Gidi phuong trinh sinx — 4 sin® x + cosx = 0(*)

e Vi cosx = 0 khong 1a nghiém nén chia hai v€ phuong trinh cho cos’x thi
(*) < tgx(l + tg2x) —4tg’x +1+tg’x =0



t =tgx
=
B2+t +t+1=0

t =tgx
=

(t-1)(3t* +2t+1)=0

o tgx=1

<:>X=2+kn,keD

Bai 136 : Gidi phuong trinh tgxsin® x — 2sin® x = 3(cos 2x + sin x cos x ) (*)

Chia hai v€ cia phuong trinh (*) cho cos’x

(*) o oto? 3(c0s2x—sin2x+sinxcosx)
o tg'x — 2tgTx =

cos® x
o tgPx - 2tgPx = 3(1 —tg’x + tgx)

< tg’x +tg’x - 3tgx-3=0
t = tgx
= 3 2
t°+t°-3t-3=0
t =tgx
&
(t+1)(t*-3)=0
<:>tgx=—1vtgx=i\/§

@x:—g—kkn\/){:iﬁ—i—kn,keD

Bai 137 : Cho phuong trinh
(4 - 6m)sin’ x + 3(2m — 1)sinx + 2(m — 2)sin® x cos x — (4m — 3) cos x = 0(*)
a/ Gidi phuong trinh khi m = 2

b/ Tim m &€ phuong trinh (*) c6 duy nhdt mdt nghiém trén {O,g}

Khi x =g+kn thi cosx =0 va sinx =*1 nén
(*) thanh : +(4-6m)+3(2m-1)=0
< 1=0 v6 nghiém
chia hai vé (*) cho cos®x # 0thi
(*) < (4 - 6m) tg’x + 3(2m — 1) tgx (1 + tg’x) + 2(m - 2) tg*x — (4m - 3)(1 + tg’x) = 0

t =tgx
< t° - (2m +1)t* + 3(2m - 1)t - 4m + 3 = 0(* *)




t = tgx
T(t-1)(t* - 2mt + 4m-3) = 0

t =tgx

(t-1)(t* -4t +5)=0

a/ Khi m = 2 thi (*) thanh {

<:>tgx:1<:>x:§+kn,keﬂ

b/ Tacé: xe {o,ﬂ thi tgx =t e [0,1]

Xét phuong trinh : t? — 2mt + 4m - 3 = 0(2)
< t?-3=2m(t-2)

t? -3

t-2

=2m (dot=2 khéng la nghiém)

2

Bajty:f(t):tt

__23 (C)va (d) y =2m
t* — 4t +3
(t-2)°
t 0 1 2 3
y + 0 - - 0 -
2

+
§/
2

Tacé:y'=f(t)=

Do (**) ludn ¢6 nghiém t = 1 € [0,1]trén yéu cdu bai todn
(d)y =2m khong c6 diém chung v6i(C)
(d)cédt(C)taildiémduy nhdtt =1

c>2m<gv2m22

<:>m<§vm21

Cdch khdc :

YCBT < f(t) =t - 2mt + 4m — 3 = 0(2) v6 nghiém trén [0,1).
A>0

af (0)>0

Ta c¢6 (2) ¢6 nghiém e [0,1]« f(0).f(1)<0 hay< af (1)>0

0<3 <]
2




m? —4m+3>0
< (4m-3)(2m-2)<0hay A4m-3>0 o3<m<
2m-2>0 4

O0<m<l

Do dé6 (2) v6 nghi€ém trén [0,1)<:>m<% haym>1hay f(1)=0

<:>m<%vm21

BAITAP

1. Gidi cdc phudng trinh sau :
a/ cos®x +sinx — 3sin® xcosx =0
b/ sin® x(tgx + 1) = 3sinx(cosx — sinx) + 3
¢/ 2cos®x +cos2x +sinx =0
4/ tg?x =—1_Cf’szx
1-sin°x
e/ sin® x — 5sin® xcosx — 3sinxcos®’x + 3cos’x =0
f/ cos®x + sinx — 3sin® xcosx = 0
g/ 1+tgx = 2/2 sin x
h/ sin® x + cos® X = sin X — cos x
k/ 3tg’x + 4tgx + 4cotgx + Scotg’x +2 =0

m/ 3t92x—tgx+3(]+—s;nx)_80052(£_§) -0
cos” X 2
n/ wzl
sin 2x

2. Cho phuong trinh : sin® x + 2(m —1)sinxcosx — (m + 1)cos® x = m

a/ Tim m d€ phuong trinh c6 nghiém
b/ Gidi phwong trinh khi m = -2 (PS:me[-2,1])
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