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Céu I: Cho ham s y=x+m+l2 (Cm)
X_

1. Khao sat va v& do thi ham sb véim = 1.

2. Tim m dé ﬁé thi (Cm) c6 cuc tri tai cac diém A, B sao cho duong théng
AB di qua goc toa do 0.

Cau II:

1. Giai phuong trinh: 2 co $2x +2+/3sinx cosx +1= 3(sinx + J3cos X)
e X . X4—X3y+x2y2:1

2. Giai bat phuong trinh

X'y — X2 + xy =1

Cau III: Trong khong gian Oxyz cho céac diém A(2,0,0); B(0,4,0); C(2,4,6)

6x-3y+2z=0

6x+3y+2z-24=0

1. Chiing minh cac duong thang AB va OC chéo nhau.

2. Viét phuong trinh duong thang A / (d) va cit cac duong AB, OC.

CaulV:

1. Trong mat phang Oxy cho hinh phang (H) gi6i han boi cac duong

4y =x? vay = x. Tinh thé tich vat thé tron trong khi quay (H) quanh truc

Ox tron mgt vong.

2. Cho x, y, z 1a c4c bién s6 duong. Tim gia tri nho nhat cta biéu thirc:

P=3403 +v3) + 3403 + 2 1 Y43 +x3) +2(i+l+i]

y2 Z2 X2

va duong thang (d) {

Cau Va (cho chuwong trinh THPT khong phan ban):

1. Trong mit phang Oxy cho tam giac ABC c6 trong tam G(—2, 0) biét
phuong trinh cac canh AB, AC theo thu ty la 4x +y + 14 =0;
2x+5y—-2=0. Tim toa do cac dinh A, B, C.
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2. Trén cac qcanh AB, BC, CD, DA cua hinh Vuéng,AB,CD lan lugt cho 1,
2,, 3 van diém qphén biét khac A, B, C, D. Tim n bié€t s6 tam gidc c6 ba dinh
lay tr n + 6 diém da cho 1a 439.

Cau Vb (cho chuwong trinh THPT phan ban):

1. Giai phuong trinh logy (x —1) +; = 1 +logy, VX +2
082x+1

A
2. Cho hinh chép SABC c¢6 goc (SBC,ABC) =60°, ABC va SBC la cac
tam giac déu canh a. Tinh theo a khoang céch tir dinh B dén mp(SAC).

Bai giai

Cau l:
1. Khao sat va vé dd thi (ban doc tir lam)
2. Tim m:
2
Tacé:y:x+m+£:y':1_ m 2:(X 2) 2m
x=2 x-2°  (x-2)

Do thi h/s ¢6 2 cuc tri < y' =0 c6 2 nghi¢m phan biét
& (x —2)> —m =0 c6 2 nghiém phan biét # 2 < m >0
Goi A (x1, y1) ; B (x2, y2) 14 2 diém cuc tri
x;=2-vJm =y, =2+m-2Jm
X9 =2+x/;:>y2 =2+m+2Jm
x—(2-+m) y—(2+m-2Jm)
2Jm 4m

y'=0&

P/trinh dudng thang AB : (m >0)

& 2x-y—-2+m=0
AB quagbc0(0,0)=>—-2+m=0<m=2.
Céch khac:

_x2 +(m-2)x+m _u, yi=l- m
x-2 v’ (x—2)

y'=0 c6 2 nghiém phan bi¢t < m>0
Khi m > 0, pt dudng thang qua 2 cuc tri la



/

y=u—/=2x+m—2
v

Do d6, ycbt & m—-2=0 & m=2
Cau II:

1. Giai phuong trinh: 200s2x+2\/§sinxcosx+1=3(sinx+\/§cosx) (1)
(1) <:>2+cos2x+\/§sin2x:3(sinx+x/§cosx)

=242 1C082X+£Sin2X =6 lsinerﬁcosx
2 2 2 2

= 2+2c0s(2x—£j=6cos(x—£j
3 6
= 1+cos[2x—£j:3cos[x—£j
3 6
= 2cosz(x—£j:3005[x—£j
6 6

& cos| x=Z |=0veos| x— = =§(loai)
6 6) 2
<:>X—E=E+kn<:>x=2?n+kn, k eZ.

x4 —x3y+x2y2 =1

2. Giai hé: { (1)

x3y—X2+xy:1

P (—x2 +xy)2 +x3y =1
2

(—x +xy)+x3y=1
Bétu=—x2+xy,vzx3y
2 _ v=—u+l1 u=0 (u=1
(1) thanh {* TV e 1 @{ v{
u+v=1 u“—u=0 v=0

Do d6 hé da cho tuong duong:



—x2+xy:O —X2+Xy=1 y=Xx y=0
3 A S 4 VY,
Xy:] Xy:() x =1 X~ =-=1(vn)

x=1 |x=-1
= Y%
y=1 [y=-1
Céau III:
1. Ta c6 VTCP cia duong thing AB 1a (—2,4,0)hay a =(~1,2,0)
Ta c6 VTCP cua duong théng OC la (2,4,6) hay bl;1 =(1,2,3)
Ta c6 OA =(2,0,0) cung phuong véi ¢ =(1,0,0)
11 1
Tacé [a,b].c=6 #0<> AB va OC chéo nhau.
2. Puong thiang d c6 VTCP (=12, 0, 36) hay u= (-1, 0, 3)
Ta c6 [Q, ﬁ] ~(6,3,2)
Phuong trinh m3t phing (c) di qua A, ¢6 PVT [a, u] (o chtta AB)
6(x—2)+3(y—-0)+2(z-0)=0
& 6x+3y+2z-12=0 (o)
r r
Tacd [b, u]=2(3,-3,1)
Phuong trinh mét phang (B) qua O ¢c6 PVT 1a (3, -3, 1) (B chira OC)
3x-3y+z=0 (B)
Vay phuong trinh dudng thiang A song song véi d cit AB, BC 1a

6x+3y+2z-12=0
3x-3y+z=0

CaulV:
1. Toa d6 giao diém cuia hai duong 13 nghiém cua hé

2
y=2 {x=0 {x=4
4 & \%
y=4

= % n (dvtt)




N

y=X 4 X

2. Voix,y,z>0taco
4(x3+y3)2(x+y)3 (*) Ddu=xdyra<x=y
That viy (*) < 4(x+y)(x* —xy +y) = (x +y)’
SA4X—xy+y)2(x+y) dox,y>0
S3E Y -2xy) 20 (x—y) 20 (dung)
Tuongtytacd 4y’ +2°)>(y+2z) Diu=xdyracsy=z
42 +x°)2(z+x)’ Diu=xayra<z=x

Do do %/4()(3 +y3)+%/4(y3 +z3)+%/4(z3 +x3) >2(x+y+2z)263/xyz

Ta lai co 2(12+l+£]2 6 Diu=xdyra<x=y=z

2 2 3 ,XyZ

yo 7o X
. xyz=1
>12 Dau = xdy ra <

1
Vay P> 6| 3/xyz +
ay [ y xyz X=y=2z
ox=y=z=1

Vay minP = 12. Pat dugc khi x=y=z=1

Cau Va:

= A(-4,2)

1. Toa dd A 1a nghiém ciia hé {4X+y+14:0<:>{xz_4

2x+5y-2=0 y=2
Vi G(-2, 0) 1a trong tam ctia AABC nén
{3){6 =X, +Xp +X¢ @{XB +Xo =2

(1
36 =Yat+¥st+Yc Ypt+tYe=—2

ViB(xg, yg) € AB& yg=—4xg— 14 (2)



C(xc, yo) € AC < yc=—2§C+% (3)
Thé (2) va (3) vao (1) ta co
XB+XC:—2 XB:_3:>yB:_2
2x. 2 =
—4x, — 14— . +§=—2 Xc=1 =y.=0

Véy A(4a 2)7 B(735 72)9 C(la 0)
2. Néun <2 thin+ 6<8. Do dé sb tam gidc c6 ba dinh duoc ldy tirn + 6
diém d6 khong vuot qua C; =56 <439 (loai). Vayn >3

Vi mdi tam giac dugc tao thanh tmg vé6i 1 t6 hop 3 chip n t6 phén tr.
Nhung trén canh CD c6 3 dinh, trén canh DA ¢6 n dinh nén s6 tam giac tao
thanh la:

Ci%_cg_cz:(n+4)(n46rS)(n+6)_1_(n—2)gn—1)n:439
S m+4)m+5)Mn+6)—(n—-2)(n—1)n=2540
on’+4n-140=0

< n=-2-+/144 (loaivi n23)vn=—2+x/144=10

Péap sd:n=10
Cau Vb:
1. Gidi phuong trinh: 10g4(x—1)+;=l+log2 vx+2 (1)

logox414 2
Diéu kién x >1

(1) log4(x —1)+ 10g4(2x + 1)—log4(x + 2)=%

& 10g4|:w:|:l VéX>1
X+2
2
Mzz vax>1
X+2

S2x2-3x-5=0 vax> 1o x=§



2. Goi M 12 trung diém cta BC. thi SM L BC,
VAN
AM 1 BC = SMA =(SBC, ABC)=60°

Suy ra ASMA déu c6 canh bﬁng %

—— B
4 2 16

2 3
Ta ¢d Vype = 2Vipuy = 2.~ BM.S, = -2 0 V3 _a'V3
16 16
Goi N la trung diém cua doan SA. Ta c6 CN L SA

_ on=V13

(vi ASCN vuong tai N)

a3 a\/ﬁ_azx/@

1 1
52'4_16
1
5

= Sgcn =5 ASCN =

, 2’3
Ta cO Vgpe :7—

= d(B.SAC)=a’\3—— 2\/, ji

2
Sqex-d(B, SAC) 3 */_ d(B, SAC)
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