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Thi thir mien phi thir 2;5;CN (sau 12h30) hang tuan
‘ ’ DE 03
I. PHAN CHUNG CHO TAT CA CAC THI SINH ( 7,0 diém )

Caul:(2diém) Chohamsd: y=2m+23 (€)
o

1. Khao sdt sy bién thién va v& dé thj (C') ctia ham sb.

2. Tim tat ca cic gid tri ctia tham s& m dé duong thing 2z — y + m = Ocit (C) tai 2 diém phan biét ma 2 tiép

tuyén cia (C ) tai d6 song song vdi nhau.
CauII: (2 diém )

1. Giai phuong trinh : (2z + 1)(2 +42? + 4z + 4) + 3:p(2 +4927 + 3) =0

2. Giai phuong trinh : sin{Bm - %j = sin 2z.sin (:p + %j

sinzx

Cau III: (1 diém ) Tinh tich phan I = dz

O o |y
—_——

3
sinz ++vV3 cosm)

CauIV: (1diém) Cho hinh chép tam gidc déu S.ABC ¢ canh bén bing a ,géc ¢ ddy ciia mit bén 1a o .

Ching minh : V = %a?’ cos’ a\/sin(a + 300) sin (a — 300) .

Cau V: (1 diém ) Chimg minh ring phuong trinh In(z +1) —In(z +2) + = 0 khong c6 nghiém thyc.

T+2
II. PHAN RIENG ( 3,0 diém )
Thi sinh chi dwoc lam mgt trong hai phan ( phan 1 hodc 2 ).
1. Theo chuong trinh Chuan :
Cau VLa (2 diém)

Trong khong gian cho hai tir dién ABCD,A'B'C' D", trong d6 A(5;3;1),B (4;—1;3),0 (—6;2;4),D (2;1;7)
A'(6;3;-1),B'(0;2;-5),C"(3;4;1).

1. Tim toa d6 diém D'sao cho hai ttr dién ABCD,A'B'C'"'D" c6 cung trong tam.

2. Tim quy tich nhimg diém M sao cho ‘3M—A -2MB+ MC + MD‘ = ‘M—A — E‘ .

Cau VILa (1 diém) Cho z,y1a hai s6 khéng 4m va thoa min z + y = 1.Tim gid tri 1on nhét va nho nhat cia

biéu thirc : A =3 +3
2. Theo chuong trinh Nang cao :
Cau VLb ( 2 diém )
x—=1 vy 2z-2

Trong khong gian v6i h¢ truc toa do vudng géc Ozyz cho A(2;5; 3) va duong thing (d) : 5 = 1 = 5

1. Viét phuong trinh mit phang (Q) chtra (d) sao cho khoang céch tir A dén (Q) 16n nht.

2. Viét phuong trinh mat cau (C ) 6 tAm nam trén dudng thang (d ) dong thoi tiép xiic voi hai mat phang
(@):3z+4y+3=0,(8): 220 +2y—2+39=0.
Cau VILb (1 diém)  Tim gi tri 1on nhit va nho nhat cia ham s : f(z) = grrli=s

GV ra dé : Nguyén Phd Khanh Da Lat .



Dip 4n ding tai tai http:/www.maths.vn va mot sb trang web todn sau 15h ciing ngay .

I. PHAN CHUNG CHO TAT CA CAC THI SINH ( 7,0 diém )

Caul:(2diém) Chohamsd: y:Q‘H;’ (€)
o

1. Khao sdt sy bién thién va v& dd thi (C) ctia ham sé. Hoc sinh ty lam .

2. Tim tat ca cic gid tri ctia tham s& m dé duong thing 2z — y + m = Ocit (C) tai 2 diém phan biét ma 2 tiép
tuyén cta (C ) tai d6 song song vdi nhau.
Gia sit (d)cht (C)tai A(x,5,), B (2,19, ) . tiép tuyén tai A, B 1an luot c6 hé s6 géc 1a : y'(z,) = ———
_ T
=
(x2 B 2)

Puong thang (d ) cy =2z + m cat (C ) tai 2 diém phan biét ma 2 tiép tuyén cua (C ) tai d6 song song vdi nhau

y'($2)=

. . 2z + . : :
khi va chi khi phuong trinh : ;_ 23 =2z +m (1) c6 hai nghiém phén biét z,, z, théa man y' (a:l) =y’ (xQ)
Hay phuong trinh (1) ¢ hai nghiém phén biét z ,z, khac 2 thoa man — =— sec +tr, =4

(xl —2)2 (x2 —2)

A=(m—-6) +8(2m+3)>0
©122+(m+6).2-2m-3#0 & m=-2
6-—m _

2=ty
2

Cau IL: ( 2 diém )

1. Giai phuong trinh : (2x+1)(2+\/4x2 +4x+4)+3x(2+ 92> +3) =0 (1)

(1) e (2x+1)(2+ (2z+1) +3J - (—3:,;)(2+,/(—3:[;)2 +3J o f(2e+1)=f(=32) (2)
Xétham sd f(t) = t(2 + M) lién tuc trén R

¢ L
Taco: f'(t) =2+Vt* +3 +t.———>0,Vte R = f(t) lién tuc va ddng bién trén R
t* +3

1
Khi d6 (2) & 2z+1= -3z Sr=-c
N . T . . T
2. Giai phuong trinh : sm(?):z: _Zj = sin 2z.sin [m +Zj
3x —% =3t-mT = Sin(?):n —%j = sin(3t — ) = —sin 3t

T
bat:t=2x+—=
2x = 2t—§ = sin2x = sin(Qt—gj = —sin 2¢



Phuong trinh cho viét lai : sin 3t = sin2t.sint < 3sint —4sin® ¢ = 2cost.sin’ t. Bai todn dén day kha dé
dang . Luu ¥ trude khi giai bai todn ndy , ta cAn chimg minh sin 3t = 3sint¢ —4sin®¢.

Céch khdc : Ta 6 thé ding tryc tiép khai trién cong thirc sin(a b

sinzx

Cau III: (1 diém ) Tinh tich phan I = dz

O o |y

3
(sin:z: + 3 cos ZB)

Céch1:

- I (sin o cosa) _i (COS(;_ Z)j?’d[cos(‘” -]

Céch 2:

z

. 2
sinz

dx = I

0

3
(sin:z: + 3 cos ZB)

~
Il
O 0 [N

Céch 3:

2 sin z COS T
I:j
o (

3
de , J= d
o I[(sinx+ 3COS$)3 )

sinz ++3 cosx)

T

2

I+\/§J =ltan{x—zj
4 6

0
T
‘2 =1=7

—\/§J+I:— L 5
2(51n:1:+ 3COS£B)
0
Cach 4 :
9 . 2 . 9
I:I sin 3d$:_[ sinx 3d$:_[ tanz - 12
o(sinx+ 3cosx) oCOSBJT(tan$+\/§) o(tanx+\/§) Cos T

Cach5:bat: t = tang

Céch6:£)ét:t=x—%

dx =

O 0 | Ny

=sina.sinb * cosa.cosb

tanz

sd(tanz)
(tanx+\/§)

Cau IV: (1 diém) Cho hinh chép tam gidgc déu S.ABC c6 canh bén bang a ,géc & ddy cia mit bén 1a « .

Chimng minh : V = %a?’ cos’ a\/sin(a + 300) sin(a — 300) .



Goi SH,SI lan luot 1a dudng cao, trong doan ctia hinh chép .
Theo gia thiét , tacé SBC = a;SB = a.

1 BC*3 J3
1

V:lS oSH =— SH = — BC*.SH
3 3 12
ASBI vuong, BI = SB.cosa = a.cosa — BC = 2Bl = 2.a.cosa

2 BC\/_ 2043
3 COS ¢

ASBH vubng, BH = 3

_ 2
SH* = SB® — BH* :%(3—40082 a) — SH = a\/@
vV Zéa?’ cos” Ozm

3—4cos’a=3 —4% = 2[%— cosQa] = 2(008600 — cosQa)

V= §a3 cos’ a\/sin(a + 300) sin (a — 300)

Cau V: (1 diém ) Chimg minh ring phuong trinh In(z +1) —In(z +2) + = 0 khong c6 nghiém thyc.

z+2

. 1 . . ,
Xéthamso: f(x)=In(z+1)—In(z+2)+ 5’ xdc dinh va lién tuc trén khoang (—1;4c0).
T+

Tacé f'(x) = L - = L __ 1 - >0,Vz >~-1= f(2) lién tuc va dong bién
z+1l z+4+2 (z+2) (z+1D(z+2) (z+2)

trén khoang (—1;+c0) va 1iq}f(x) =—co lim f(z)=0,suyra f(z)<0,Vz>-1.Vay phuong trinh cho

khong c6 nghiém thuc.

IL. PHAN RIENG ( 3,0 diém )

Thi sinh chi dwoc lam mgt trong hai phan ( phén 1 hodc 2 ).
1. Theo chuong trinh Chuan :

Cau VLa (2 diém)

Trong khong gian cho hai tir dién ABCD,A'B'C' D", trong d6 A(5;3;1),B(4-1;3),C (-6;24),D(2,1;7)
A'(6:3;-1),B'(0;2;-5),C"(3;4;1).

1. Tim toa d0 diém D'sao cho hai t&r dién ABCD,A'B'C'D' c6 cung trong tam.

Gia st D'(z';y';2") latoa d cdn tim va G,G'' lan luot 1a trong tAm ciia tir dign ABCD,A'B'C' D!

G la trong tdm cua tor dién ABCD nén c6 toa do G L% % %J Theo bai toan hai tir dién ABCD,A'B'C'D'

c6 cung trong tdm, nén G '[% % %J

G'latrong tam cua thr dién A'B'C'D', nén ta ludn c6 :

. _ Ty trytr, g,
¢ 4 T, =—4
Y, YL, Y
= Yo T Yy y Yor T Yp ey, =-4= Dl(_4l_ 4;20)
L, itttz 2y =20
“ 4



2. Tim quy tich nhitng diém M sao cho ‘SVA -2MB+ MC + MD‘ = ‘m - MB‘ .
Gia sir ton tai diém I (mo;yo;zo) thoa man h¢ thirc 3IA—2IB+1C +1D =0.

ﬁz (xo -2y, — 42, +1)

:(xo—l;y0—4;zo+1) _ = = —
Tac6:{ = 3IA—2IB +IC + ID = (3z, — 8;3y, — 10;3z, — 1)
=(x0—2;y0—4;z0—3)
ID=(:L“0—2;yO—2;zO+1)
3z, -8=0 01
Toa do diém I( T3y, 2 U)thoamanhethuc 3IA 2[B+IC+ID 0<:> 3y, —10 = 0(:)](§ —0,—j.
333
3z,-1=0
31\74—2MB+M0+MD=3MI+(3IT4—2FB+I—C+I—D)=3E,W. MA - MB = AB.
‘3M—A—2MB+MC+MD‘=‘J\T4—%‘@‘3E‘=‘E‘@MI=§AB.
8 10 1 . . o A
Vay quy tich diém M 12 mit cau tim [ 3 E 5 , ban kinh R—gAB _5 va ¢6 phuong trinh mat cau :

()3 )

Cau VILa (1 diém) Cho z,y1a hai s6 khéng 4m va thoa min z + y = 1.Tim gid tri 1on nhét va nho nhat cia

biéu thirc: A =3 +3
2. Theo chuong trinh Nang cao :
Céau VLb (2 diém )

Trong khong gian véi h¢ truc toa do vuong géc Ozyz cho A(2;5; 3) va duong thang (d) : :BT_ =< =
1. Viét phwong trinh mét phang (Q) chura (d ) sao cho khoang céch tir A dén (Q) 16n nhét.
Gia str mat phang (Q) c6 phuong trinh dang : az +by +cz+d =0, +b* +¢* > 0.

(d) c6 vecto chi phuong l1a u = (2; 1;2) va qua diém N(l; 0;2) ,(Q) c6 vecto phdp tuyén 1a n = (a; b;c) #0.

-7 _ d=a+b
Métphéng(Q)chfra(d)khi nLu = 2a+b+2c—0(:) 2 +b (1)
Ne(Q) ~|a+t2c+d=0 ==

‘2a+5b+3c+d‘ 2a+5b+3(—2a2+bj+(a+b)
Khoang céch tir A dén (Q): d = =

(4/()) B /az 10+ a \/ 9 + b 2
a2+b2+(— 5 )

Thu gon rdi chia hai trudng hop : ‘
* b =0, truong hop nay khong thoa dé bai .
e h#0,chiacatrvamaucho b.

Khoang cich tir A dén (Q) 16nnhdtkhi a =1b=-4=c=1d=-3.
Mt phang (Q):z -4y +2-3=0.
Céch khéc (hay )



. iy . ) M e (d)
Goi M la hinh chiéu vuéng géc ciia A 1én duong thing (d), khi d6 TR M(3;134).
u

Gia sir (P) la mat phing tiry § chira (d), khi d6 M e (P).Ké AH L (P),khids AH < AM.
Mit phing (Q) chura (d ) sao cho khoang cdch tir A dén (Q) 16n nhét chinh 12 mit phing chta (d) ddng thoi
vudng goc voi AM .

X | qua M(3;1;4) ‘ 3
Vay (Q) otpt ﬁ//A—]\Zfz(l;—él;l) < (Q).x—4y+z—3—0.

2. Viét phuong trinh mat cau (C) 6 tAm nam trén dudng thang (d ) dong thoi tiép xiic voi hai mat phang

(@):3z+4y+3=0,(8):20+2y—2+39=0.

(2) =2

Cau VILb (1 diém ) Tim gid tri 16n nhat va nho nhat ciia ham s6 : f
GV ra dé : Nguyén Phd Khanh —Pa Lat .
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